Google 



This is a digital copy of a book that was prcscrvod for gcncrations on library shclvcs bcforc it was carcfully scanncd by Googlc as part of a projcct 

to make the world's books discoverablc onlinc. 

It has survived long enough for the copyright to cxpirc and thc book to cntcr thc public domain. A public domain book is one that was never subjcct 

to copyright or whose legal copyright term has expircd. Whcthcr a book is in thc public domain may vary country to country. Public domain books 

are our gateways to the past, representing a wealth of history, cultuie and knowledge that's often difficult to discovcr. 

Marks, notations and other maiginalia present in the original volume will appear in this flle - a reminder of this book's long journcy from thc 

publishcr to a library and fmally to you. 

Usage guidelines 

Googlc is proud to partncr with libraries to digitize public domain materials and make them widely accessible. Public domain books belong to thc 
public and wc arc mcrcly thcir custodians. Nevertheless, this work is expensive, so in order to keep providing tliis resource, we liave taken stcps to 
prcvcnt abusc by commcrcial partics, including placing lcchnical rcstrictions on automatcd qucrying. 
Wc also ask that you: 

+ Make non-commercial use ofthefiles Wc dcsigncd Googlc Book Scarch for usc by individuals, and wc rcqucst that you usc thcsc filcs for 
personal, non-commercial purposes. 

+ Refrainfivm automated querying Do nol send aulomatcd qucrics of any sort to Googlc's systcm: If you arc conducting rcscarch on machinc 
translation, optical character recognition or other areas where access to a laige amount of tcxt is hclpful, plcasc contact us. Wc cncouragc thc 
use of public domain materials for these purposes and may be able to help. 

+ Maintain attributionTht GoogXt "watermark" you see on each flle is essential for informingpcoplcabout thisprojcct and hclping thcm lind 
additional materials through Google Book Search. Please do not remove it. 

+ Keep it legal Whatcvcr your usc, rcmember that you are lesponsible for ensuring that what you are doing is legal. Do not assume that just 
bccausc wc bclicvc a book is in thc public domain for users in the United States, that the work is also in the public domain for users in other 
countrics. Whcthcr a book is still in copyright varies from country to country, and wc can'l offer guidance on whether any speciflc usc of 
any speciflc book is allowed. Please do not assume that a book's appearancc in Googlc Book Scarch mcans it can bc uscd in any manncr 
anywhere in the world. Copyright infringement liabili^ can be quite severe. 

About Google Book Search 

Googlc's mission is to organizc thc world's information and to makc it univcrsally acccssiblc and uscful. Googlc Book Scarch hclps rcadcrs 
discovcr thc world's books whilc hclping authors and publishcrs rcach ncw audicnccs. You can scarch through thc full icxi of ihis book on thc wcb 

at |http://books.qooqle.com/| 



D,gn,-.rihyGOOgle 



D,gn,-.rihyGOO^Ie 



n,gn,-PrihyGt)0^lt'=, 



y 



GtJDi^Je 



■ n,gl,,-Prlhy>^t)t)Q.ie 



D,„,,;.,Googlc J 



hyGoo^le 



L I N E ^ 

TER.TII OrDINIS 

NEUTONIAN^, 

S I V E 

Illuftratio Tradatus D.Neutoni 
De Enumcraiti^ne Lineartim 
Teriii Ordtm. 

t. ■ .-■■■■', 

Cui Subjangiciir, 

S6l*{of TrhnM ftoblematum. 

Authore Jacobo Stirling, ^ Coll. Ball. Oxm. 



XO N I M, 

E The^tro Sheldoniano, Impenfis Edvar£ tfhiSkr ' 
yf^^^^jN. BiUiofok Oxmitnfii, MDCCXVH. 

km 



Imprimatur, 

JO. BAJtON, 

Vice-Can. Oxon. 



^.11. 1717. 



■D,gn,-prihyG00t^le 



HONORATISSIMO D«°. 

D^o.NICOLAOTRON 

E Q„U I T Ij 

Legato Serenifiimae Reipublica» 
Piaetorum apud Recem Magnd 
Britanttue. 

NON eam prie ine fero InfQleur 
tiap, qui piimam hanc ftu- 
dioriini iiieorum fobolem ve- 
flram (Virllluftriflime) patrocinium 
mereri exiftimem. Casterum haec 
mihi prima in manus tradita eft oc- 
cafio agnolcendi ea Beaeficia, quibus 
immerentem Me accumulare es dig- 
natus. Nihil fortafse gratius a Te- 
nuitate noftrS Tibi rependi potuit; 
tum quoniam celeberrimi Neutoni 
Opera maximis Tu, fi quis alius, in 
Dehciis femper habuifti, tum\u6d 
Veftra ExceUentia non minus atnet, 
a X qaam. 
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Dedicatio. 

quam foveat Philofophiam, quse nifi 
Mathetnaticis Pfirtci^iis Aifiuftii, cor- 
ruet. ^ic fefe raihi ap^rit Laudvn^ 
Tuarutti Campus, quks aggredi eilet 
fupervacaneum, fiquid^ dulcis Pa- 
triae amor,' &. infigniriTua in rebus 
gerstidis: I^ritia &tiB fiiperqve mxA 
tefcunt ex fii^mi Digiiit;ati« gr^dv^ad 
quem Sereninima Refpublica Te pro- 
movit. Cum igitur tot ^ tanta ne- 
gotia fuftineas, nihil addatn ulteritis, 
inUngofetWimemarei' Tuii temp0a, 
& ne contt^ ipfas Muthijeps | quatti 
c&lo ) Regulas, brevititis fcmpcr 
linantes, peccare videar. 



Excellentia Vefkte 
Omni culiu ^ oifeqaid 
Devinili^tm 

Ja. ST!KUMG. 
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, -< a > ^i:...,..., ...i^,. 

. '■ Ltl j;iii'i i ■ '■■ ■ 1 \:\^.: 



""^ .:';l' r. ■. "^ 'Tjrrjq r ir • "7*" 

.f.j3nc:-.^- . . . ■;;. (.-..^^/ ; ..j^.. 

I i: 0<i£aiHJe'>dbiM^Melit« ■«ui- 
i.v •■;.;TO5<|BltfiiIWitlpnt>iqtie-<*«n«Bfr«l* 

-* '.itfefeeiHJ '''IjJ .i.-i-.vif ; ■j;i:iilr;i 

miz relationem obcineM'< Iti^iKiiM Vul- 

gar i Algeb raic^ defignabilem. _ _„__. 

i.iMuSlrrahonaiit eft quandlo relatio iUft 

«flu»tM>i(e( itt^ufnnxli^sfaii^ ijeq^ .\ 
4. j^ffl^/£/0/curv£eftLinearimpliciuima, iiye 
u' ;^ <;)irv» &9CjreiSa ii% ; qiiae; a^ cflr w crusianip 
2c-xn40i9rtid»iitii^-acdDdie'qimiKo na^s pr4H 
.nMUSCa[^i3nidsii|CD]il'Bf].x]]niicidcn& i-j: 
9.'\(aMK •nH!<a>0i«nij;^n^imue pro; Atjiiiip^ 
u;<aai^iinilamiSiiiU!^inBi>n^&lem.$bel^>: 
tf^:lfiMrrMe:i/i;ftc^A».!>fti <^«: tbta;;ilcdC;.ili 
1 tivlUynipiiatiikaniguIoi/iainirftiic; HVpnbol» 
■.:iC«itiaBirj3;!i. !<■:,.■ ■;; ;;i ; ;,r.. ;■:,■. ;»;i.cji..:i 
tt;:£itaia^^;iel: niic iJi<Tniplbtn<:naat' A 
:;:.p«nmabSaiaiiBinDfiio:oiaq>lBaiUt : 1 
. ;> 1. , A ^ *»^<*«^ 
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s tinem TertiiOr^t NECtoNiANje. 

8. J^bmttm eft qiueuno crare /fi/cni^ & al- 
tero Ctraonfirwitar, 

9. Combut eft Bgota habeiB doocnira ad eaf- 
dem ejufdan Alymptota partes jacencia, flc 
uir^4ias (^pofiaaa protenla, cam vectice 
verfiu Alymptoton concavoh 

zo ^flgsnwtf vcro efk %orat qnando cmra ja- 

• criit ^d divcrfas hf^m^ii paftet. 

1 1 . Figara Crmfortm eft, qoando qaatiior ejus 

crufa in ano pundo conveniunL 
la NoeUftA. eft, ^c^^do dup crura (e .iovicem 

deculiant : Nodim quafi efficientia. 
%iiX«i§i4^t0^^<^^9mi cmnEin^pnun coife> 
...^o^ioae:£^<<^66^ittn(. ' ", 
14. .Pi«&9aM^^^»j<2)9a/efff Ji^bctconjagatam 

infinite parvam, ideft, pqm^^Hp. 

«tffl^«to priyatuiv.- - ' 

Uf^arumRitiidniiimfh Ofdmes. 

X : Jneaoim Hatisaaimm obvia eftdtrifi^ ab 
J.^ ipiammiMtstfiaid^miptay infimplicfOres 
fcilicet & m^^iODii^ofitsa pro rationediiiicn- 
fifnn^bl aoqqaciopis^ 4fA rdatio wgxp Abftifias 
&O0diilataado^iciirt4aaiidoqiiidcmJSqtta)cio 
iUa.fim])liciffima:eft iiiqua ^|ariptitakcs iftdixei^ 
aan^UEjnmt panciorum: dinKnfionoip. Qaa 
ratioqp^generaliflima zquatio alicujas ordinis 
tf)n{i^otd(t amtda Sxqtas ejafi^cm. £(iga 
Line^ .^ii]u! ondauajtaitiitaftar; Ibla^aaciqne 



_y4:«^>=t6 de^nau» IBas lecandi ordinisdft- 
^at f'+rvi,+H}ti*x^ie-jrt=x>, Eas tettii . 

qoani /*^di!+ixjf+ira*+Jx+i%j' 
+fit>-H''+i'+i'/+'*'itr'>' i^'+px+ f^o, 
£a( qamaft+ax+i^/^ + rx^ + Jx+i»^ 
+fx'+ex-+ix+i'/'+7x'+mx'+,x+/,x+frf 
+raf+fi'+lx'+iu:- + v^+v = o,Btficpm-. 
ceditor in in6nicani. ' ." " 
In hifce x^oationibns X eft Ablcillaf V Ordi' 



.ijViits teinwno.., ■:!.../:■ , . ..;:.. 

^vtitenoOieJ^ientiimtn tBit aqttatim^us"^':', 

■: Fer Cpefficisntet hic iauUige qnantitiitet 
datas«,iv c, ^&C.. Haram :numeru8:^prifffi 
teqaaoone eft ^ ia fecaiidatf, iatenu.9,' m 
quarta 14, in qainta 2a^.r8ir £c porro.. WAil>'o: 
•'■:; Aa _ -^^S.. 
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4 lMe*TiT(f{qr<ivi'MB.if,Xfm*»'i» 

+ i. + t, i't = * + ? + + + j-.'J<j = i4-j+.j 
+ ? + <!. «fc- Adeoque-ex ArMi*«nia CimBja- 
tosiil luvy^er&litfxjiiMple aiQie^i;,|quci4.fi< fit:«| 
numernt dimeftljdfiHm <^««,jeut-f2i^fc-Sfii|. 

ineBS 42o«fl>ai4illia4t in <g!qititiDtie<^ oenent» 
liiSina ]-i|i;as omfet illio^ Pfd^ idltmieiM 
Hujus^ uTus 4% kijaealjibas (»(«(»(,- 

PROPbSftlt) r. THfedREMA.' 
Offliu Z,»wa Gta/rufrtca parvahirU (miimA ilH in 



i t:voi':" 



I^fatei* Geiiiietricam '««W ptiSiAt i»iii 
^"lifiao^lefiMpfaiiChWj^lSMa j-oinlii« 
8iiij« aiitaM "Gioiiieirii»' Wb''t>ii.^i' cefti 
quadam conditione confUnti^bventis^d^ibi 
fam^ qUiimigiki rii<nns ^iifil$ile|e iiiiinu.- 
Ubriiatt^inpeyMr, ilSiifiariijijiiiiibit eitismo^ 
tra iiiJiifinlMnlsl" li«a6;-«i'I>tr«irK/jd'eft, 
liiiea/tiebiWeffleifj^TH-MjTe-Kdit,' vel pergit 
in' iafiiiStani-,' iJ^ 'cdrrattlrif iiiniiiiul t)b t»- 
■giilarein puiicfti-mocira. ■■Qj_:E. .p; ■ • 
■' Anff.'!. SiipeMdcli-EitidbrtiiiramnhimGei^ 
metricorum, curvatur^ continuJ, 'rtlin fettj- 
deunt, yel perguBt jn.infinitiHn>> Nam&per- 
ficies GfeometriciE,' eodeni plane tnodo Linea- 
niiningwgeniti^ancipleadieiian^iiabljnea 

FOn^j^m nmtHi:ilnl«rtqiii- hnrt ITnW^Harimli 

« bserFropolitio fiattlLptDcGB atgaanniiBdi 
j?B(m dfflmmftninBii:» .> 

.- •""■ ^ <^ 
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CmS. 2. Crara ijifinita alicujusLineac da£tu 
coaaauotaii^rcinjaDgnittiir. Natti piinAam 
dercriben; i^eceflario tranfit ab odo crarc^ 
alind. - ' ""■ '" ''■»" ■ " i'"'-'; '' . ' 
■' ■&fftf. j. El;^ indi flcceflarib ■fojiriftir,- qaod 
ctUMm infinitoitDM nuitierns {aofei eft par : 
alias enim fervari nequitmotvi^.panfti con- 
tiquiH in isfinitam:' ' ' ' , 

CmS.^. Omnes reae^vallelz fecant cUTr 
vam ali(|iiam in iifdem munero pUn&s realibds 
ft iniaginariis. HoGCon>Uaiidin.fKiUiiiKrpa> 
tei;exftoiiofitione&CoioIlariii>ejiis fecnnda 
ft-jfrao. ■■ ; ( : .'■■..'.> 

■v:OirtB.'.r. Updefi teqnaiw ^OBllbet inrolrat 
ffaasiadetertniaatity AUcifraai «ac Ordinatam 
3*1 wiaip:as«ikiram p6ffibiliaai.«t impolfibir 
lAtm.OrdiaajtB f, in oomi Abfciflfe x magni-. 
tndine idcm icnu^ eft. Hnjas CoroUarii be- 
acficio inwninlicet naoienin radicum aeqiia> 
ttDniiftoxioaes iiirolveacis, ac H «quationis ib 
qnA qoantiteiec indetermioat» indtterminatab 
iiaheac etiaiafix|io;ieates ; ut poftea patebit. 
- .i&nS.t. Bx I^oes Ccomecricse aKvanirl 
pinitiaa^ &qakia' nom' ilt» «jnationnm pro^ 
piisiB*;; fcilit^ qood radicum impoffibitioni 
■lanierat jemper « piii 

, .SerietanA iafiaitarum (reqtnAtinieqaentibue 
^fufi^i .'tnfiMiieft igilte «liqnid de iifflem 
pcB&ti, .qiiam!iiec.anmn iiuiWi^ a«i»g>ettkie- 
chscarinveftigamltabaliquo, ^iodleiiup) buc 
«IqoeiaoieapliaiKifiieiit; , ■'-" _l- ~> 



6 tiniMTir^iOriiims NBuTpMiAHf.' 

De SerUrum if^Uarum Oriu. 

DWaBi^^ in jhithmtiei Ir^mtenofi An? 
. no itffj. publicatit,ixialcisexemplispar- 
ticularibus generalicer tandem invenlc, quod 

fi Ordinata curvae fit xT crit ejus area . ^ 

«~ Ope hajuS reguke quadravit omn^ 

cu^vas qaarnm Ordinuas habere potoit in.ter:- 
minis ratkmalibofl exprefiaa. D. Ntntmmi per 
Interpolatioaem jureamm ab Ordinatis ■ ( {«r 
Watlifa r^nlim) deda&arnm quadravit Gir- 
culum. £C ex dacfl ^us 3ie& in ierie infifudi 
per reverfum r^Ue WaBi^ invemc dos (nrdf^. 
aacam in ferie etiam inmiiu expFeflumt.' Bc 
■methodum Interpolandi prcdeaicus, Tliearenia 
fitum invenic pro«kvando Binomio ad digni- 
Caton quamvis in^efierminatam : ;ac conftatex 
Epiftoii e)u9 ad D. Old*tAitrgimm x i Jnnii An- 
no itf7tf- mifia. Sed Interpolationum mecbo* 
jdum Ruflam.tan^m j&ciena, operaciones Ipe- 
cioi^s.perinde ut Arithmoticas inftitaere ccep^ , 
;atque docuit redacere radices xqnationnm om- 
nium, primofimpliciomi^inde^jfedaramt ia 
ieries convergences. Hoc patet ex ejus JMfyfi 
^,Barrwifizi CfSimtim menfe Jnfiov Anno itf tf 9. 
Mtifla. In e&dem Jfnahffi-, Sencnnn ope, qoa- 
dravi^ carvas tam GttmetrieM.om Mefihaaau 
jitiapoetlarifblenc. Et docoic qi^ ratione, ex 
daCfi Jre4 vcl loogitodine airy± inveoiri pqffit 



Luied Tiriii OrJiiui N zt) T o t! i a h £. } 
Hifii vel OriJimta. Sab finem ejuKleni jiia- 
Iffiu, ope &titfain uiriverfiiriter demooftraTit 
re^lam ^aK^, methodo boi^ ^ttxi alia non 
tnt, quam Axntnra methodai. 

CWt^/bf, '^^tfrrmsf ,' afii^tje' in TJR^MfMu» 
HKcliodis, doCQerunt invenire rationcs primas 
01 nttimas qnantitatam Nofmaiam '^ Evaru- 
fitaiim, at non generaliter; £t WttBfia, uti 
mox diOani 'eft, oftendit qnomodo inTeniri 
poffit area ex data Ordinata terminis rationa- 
Hbus ocpr^ : Hax eiant dabia 8c obfcnra ve- 
fiig^a iwximaM methodi direOz & inverlie. 
£t impoSitnlefere erat, aUqae ierieram do^ 
Arina, hattc methodam oho^ias promovcre^ 
qaam piomovetunt prxiati dofti Viri. Unde 
iane noh video quil rationequis poffit Fluxionam 
inethodi inventionem fibi arrogare, 6t noiy ' 
eiiom lerierain invcntionem. 

"De Natnra Serieriim. 

SErieriinimethbdus in eo fnndatunutprimd 
aflaniatfilr^qnaiititas radicr qnsmz aiqali.' 
lis qjiam proxime, flc.oarrigatiirValOr afihmptus 
coathine : qao'pai9» hibebitnir taiideni quari.» 
tita^ quseiiradicis YcrovalorClninus diftabit 
^(liyisqaantitatedata, Hoc yiibmultiiafiaiii 
pi^Kitah poteit; ', ■'■'• ''■"■•' ■ ' ' ' 

•St Sixies eodtius conVergeiii qte miooreS 
ar; iBai<jetjri=;^f «**-Hft*';-j'B**'4f «c. 
Kiriiiniiiiieiftxadmbdam parvariii, SctiJaiiiitM 
qiijIlbetpofferi8if'etit'pribre ronltomi^* ««- 
■ '' ' «, '^■•■^•^^ 

} n,gn,-prihyGt)0^lt' 



que, termml p»uci initiales acl v^run) mfimy yi^ 
Ipcem 9uaiii {>coiime accei^eiit. (^d i^ttf i^ 
finite pacva, eritaccurate ii=j/ii'i tertni^ists^ 
Iiqaishuju3tecgijfU^I{!?aa«;;an^qeiUihas,,)if| 
zqnatione rd^uoneEDt intet x ^ ic^iextte, 
fappone x etl^ id&iiu pacya^^iteriniqiiqaiT 
dam acquationit eyadent cefiqili? j^fim^WPS; 
ref^ qai promdqreUqupi;utnniajfidi9CUin,c^^^^ 
^u eyaneiTcent j,&^enniais.^icji^ tn^jatii^fi^ 
4e^ ord ini^ tanqi^nir mhilp ^^al^uf ^^fff^ 
{^[^neniDdoquoexf^qufitjpji^nun^a^^i^^ 
fSi?«o% MW.fC^ Wa-^:":j5ifl> t6«IRW"Kp«)|H| 
{tfppcerea.d^ituci, fer termif^s^i^^xi^^iy^/* 
jta w^jntfllige eosqij^ fsjnj(isfpi dafam 
ktlxnt C8f;9q?5}(,&/uM,r4i3|i|^,-onj^ij)^,rin, 

y=P+'^'''i que.iR iB6a^,s(,,yi(lflrem la; ^«, 
tione liibftituendo, obtinebis squationem no,' 
vam indetepj)ij)jtt^.^i«s^«^Hyt^fenteni. In 
jlla xquatioiie noVa luppone etiam x infinite 



fejfi4pte>»tot*^tipBO(|.,E»hawMflttpne 



n,gri.-.rihyGt)0^lt' 



llmaTtriiiOrdimtVivTdviAiii:- gl 
dtnbns pripribiis obtiiniifta. Et opns ^iiaii> 
ndo inyenir^ licit tcnmnirf taSei {ojiKiiut 
tot qoot Tblutri»; 

' Et fi eflct leries hujilfniodi f^^if :(: 2hr' 
4.<)r^.). Ihr-vf ac. eb atini conTereen»' 
^o major eft s i inter OpehnidnAi Itlppbnaida 
at zinfiniteni^a: atqne terriimli brdinnin' 
inierioriim rejeccis t matinns. c^ii^m oitiinis' 
edacendaeftradixinamlllaeft^. Ponendcr, 
^=fl»^'+0(^''+D»r-''+&c.adeoque;^="jJ 
■^A^, babebiMrB^uationoya, ex qna inVe^ 
nite. Bcet teniiinilm.feriei (eCundum, fir optis 
continnando reliquos tot-qnot oftaniiiiin. ' 
- ' Et eadeiti ratSone qua liiVeninntur ieries epr 
citiusconter^eiitesqao major, rel qbo minet' 
eH X, inTebire^^Iicet leries eo dtius coQTcrr' 
gentesquo prdpiiisacceditxad datanf quaiii^ 
vis quantitateifi. V. g. <5i qraeratur fiiries^eo 
citius cosreigens quo ptvpius accAfiC iit ad 
quantitatem a; nec luppono„» infinite.m^aitt' 
ncc infinite parTam, ied zqualetai ipfi «j ft tnm 
qutero VaUrem ipCtts ^, nani ille ^lot^cft 'pflu 
mos terminus liriei. Etquotiicldo iki libitanir 
ftrocedeSidlim cft, cx haaentis tradMa isifi^ 
patet. ■ . -1 ■ / - 

Hec de natora feriMliF S iiindanicataiilr' 
tfaodi ad eas pCrveniendi dt^a iufficiant." Pr6^ 
cclTns cirte Ie(;itiniu9 culyit in diTCrlis' itifinl^ 
torum brdiniiiuft quaoi niiiijiiie etiam ^eilXto 
iMCellaiiio 0^t. Ex ipfa operation^''iacBii 
viderd«ft, hasftries non dare radicCS i^&iatla' 
SHnlquXifitas, aiii»eeleritcFeoiir<^gan) cte^ 
B _^ ^^nilB, 



If, liw^T^f^^W.NSWWHlAM^i. 



mv^ ■■: . .:■..-.. ■ /■ ■ 

mi)ftr»dwilD5,_W iaY^mW tmum nwximi 
fl^sf^atquMiaws csKtrfkni Qrdiqis i poGta qqod 
^/fltnifasiffuftifltpjVt. <jf>H invqivic 4Bi]ii|tiO| 
evaaitinfinitemagDa velinfiniteparva. Qgod 
tMesreftScew. WW> .«(PqW valajt pneter 
l^ ■frifif^tfunjfiiefnm Uiventpwtii.. ,Pii|>Uc» 
UjMtHi;iJ!iei»«lip()o„u|i?, Far»U«|ogi»iiiiw Tci^ 
hsstfciom 4eftri»fit il» EfiflBb.io P. OUn^r 
SiaH"»>»40aob, :An^. ii!r#. niiflai q«A 
()in!n.^i|,i fJ4]i'm>t qpi 6»n haqd intellfxcrunt) 
i){:9f(>«4«;Mecbaiicii di» mgleita jtwid «it 
^^■^ ^ , • om- 



oiniiiam <fiim .qaiieicogiure, pptfft eeneni. 
liffima K iKgrbitidlaii.' ' AReum Wtboduai 

•ffl»« XBSbiijii iniaiY^qSk-ttojlnV!!! Geo- 
«taliiTniHlHib fiM» «<ijiAiai:^t«t^i^ 

<fi3i fupcriiu difcripti. Haoc igito»'lif«S»- 
qam, ati.(w,de5cpar t&, fltianm \ Pat»UeIp- 
granmio ^eiAixiF: utcanque Vero % «i~feMxt, 

fiW r;didtifa «ao.fe rnljja;fe oeilef i B> cc^ er- 
gentite^aain5ior Wx;'rs leqii^HBaTlT»- 
MWtSUBnio*iBi-«-*--i--^ -^ 




"B».f 



erOp. 






,,-PrihyGt)0^lc 



,j» jCimTirtii OrJimi IfsvifH^HtlMi 
■ '; PRQlp, B. PROBL.; VJ 

jSr «Witundji/wfli ^tus^invoivit mgifoUo evadft 
^ ii^aite magM.v^fanOf i^porteatimemeurr 
iymtfeiiBiue^attoniinaxtmt.ejuJ^Ordimi, 
.TTVUC rci^DACeiqiKiid.ccAaaaii»- 
gL_/ loi,AB.r> ia<ce reaias.Jiytdcin Uatolw 
.iMWnena aqwles, ^ qwaroif .feijuljiraw «^ 
tranintibas erige. aonnalei diSribmiites fpa|i|i 
^mgiilaria DAB,.GAft injceaanffib inaanMl» 
.«qaalia. ■, ■,^iri ... ■ ,;,. «■,.■■,-■ 



Sit^x indeterminata ex cajus poteEUtibai 
confictenda eft ieries, n index ipfias x in primo 
tecmitQ leciei, adeo at fit radix qoefita J^sqaa- 

n,gn--priJ,yGt)0^lt' 



JitiiAf.wXlitiitty «ni.x«fr>iafii>itqiMgl»Kl 
ii>ii^.;ii|mi {HMbrnMa^tKBfi» naon* ler 

Jiairilk FJ:j;)rir.Dl> 3.1 V. ll 11 ■ij-I ., ■ '..-u,51 

:niCpasi(|e.«aBl§I>»UHi|fi9g<^dai»,cifc 
]K luaiUtt lE^« ennc, nrp . AB. tactei ii6> 
<al«(:y«(aliunc^i^Hnutaln«:li»ipn«)aal<lk 
2«ifiw^n'iasg«l)il|ba9.«]«tKwa re£ta^;iil» 
^aiMiildtit)Miidig»iimei qnaaliawntn »* Mt- 
CaliKiMr.vi>lMndcMiiiiR.:.'& il^e»dtaaamyi 
fltaeta Ai n&mStbfmm 'liiim) tlki . 

fiofitc a^inlii^tft/^i.d.ifiaiitic « .pia&^As 
,aftniaavi f|iM:iadi«e< ri]{it»cP«i>^m;jA> 
nwciVl Tcro qui inftalocaiitrir. Eodeingue 
iinSlb^ ^iiia '^m quslibet; refts AB asqualli 
it ti, inoexAUiliiatBcnjalViaibfit^lx in redi 
'AS; <pofita: '<bt"^'a9 diminti^m^^tinnftd^ 
r^.. >f ■ t '^^i:..'A;^!— _*i;_:i.w:MjL 'Ail 



-Ailaiqde iiff^^&ii' angalaiikaslejtra reiSbA 



AB !!c CD'.)m ... 
tiam d redii Al^ ajiaa {iWdpaAtiani^ reoi 
-Cp.' 'fetinde iddek tbtosfiiiitfl iiifflptus aqua- 
liselHiimtilxant ditlerentia:iaiid)n diSatiaraii^ 
pirbit jatfei fiipfiRelinfta tt^^ AB. •_ 
' Z>nc jam''ra9itii '^uamv)i'X>E'thuileaiitiiih 
pef pan&a di^ qazyisan^ilwia ii^, x>^.'.^ E^ 
'liiiUcestiiimnol-tibidmniam Ijjiiis^ttingit irefta 
UU^tM elHi^t^iii^didiftaitif ;in progreflbitt- 
ArllJimetica': Suppbnanios Kofce^^liuces fi8i 
inTJcem' s^iiari, hoc eit, eqtmti dificfrintiain 
e^ niliil, 6c indices omnes iilli ina|ores,-' li^- 
nor^ Td seqiiale!) erunt hoiiiiit jndicjiil' aiteij- 
atr^ proiit jHce^ lapni, ' inirA viel id ipS rafta 



n,gn--prihyGl)l).^le 



>4 limtTirtiiWdBiaH^^i^imii. 
bei IfiEo pkwkieS rnaiiiii yd-diAiefitiif t^ 
Auwi qaibuba^iinioinBWi iiditts^aiHtai 
nfpeaire. Igitar fi » fit qumitu iiS^ 
d*m uiMvii^wttil^pidjb^^Mtaiit 
^dtlii oiaikiitKlqai^verablinMfl) «liwia 
ml aiiinnvttemitiii acai4u't>i«M JMCat'^ 
pii Tclialtandten.DB; -Btiiftrfit^MKiirii 
•«fiiiit»{i«<w,:iuniiini <MiN«£iM|ttlJEteMHt 
ijofdmi^ dndiirii^ («liqiil^mbnwtec 'MimlDJk 
atba» iMiiiiteimiMN wmmuattiMk^t- 

Uat iMa v«l fii^ tamiB&"i1uiliteimc 
tMm ariharvtiiia i^dUaMiS «Httes 



n,gn,-prihyGt)0^lt' 



e/ni, i..aipp(m>niVei tiemyiiM.oiiUKs jnfia 
reaaiiiDEal«&.. Ei (perhmc JiWKrfitioKS 
Kamioi »f , «nv»»*f, :z»i-, »1« ft*« _aJ 
«tv«it&ogabyeiiiAt.inaiini4iuikn triiiii 



■ arrf.a.. Com •itaqat «rtj«io iiliqaa pro; 
p«WtW,iS! qH«frJ?ur«jii? t»4k W %ie eo «tia, 
cpp wgww qw miBor fift flii ,^ ;y i^ i„jjj;. 

poteftati» ipliu» » qne nec pery.y, y, y, ae 
aat Mr»p .<iig,iiatoi tBquMoipnltipIiatari 
B(|«.tft, <it A lodex iatiiHiE 4^^)^ i^ijijli» 
«ai CP pofiocj pone;^^,', ;■=>-,■ 
.J^/r^*'^ Et,hifcevaIoribiijiiiaquatioB» 

iSr^S?**,^""" """^ ™'''« «irmiiio- 
min JK Kfiiltantiijin indici .a, A Taloc^ipfiu 
jommqni maiimaB inde proKiiiena, e/lt ii» 
*i iffia. ;^ u pciqio tenaino feriei sSjfit^ 

«i"' '£3-**,» 



Eftque haecjiiltnii. D. Nadmi',qlethodb~^o 

jaTsniendoindice temiini ptiiflii; . ! ' >i 

; Cmi. ]■ . Sapponamus ,jjUn-;enBiooi omi» 

in&a re&mlK jacere, (k^nUi^ abaSe^ r 

qui Bttnc;tft iadex-jiltilEiiuB digniaw eafam: 

npptefta- 

indicica- 

iperdabic, 

, iE^uer 

pfiu8x.in« 

"»•»+«; 

: provei^i-: 

o^regntain 

icquentem, . v .j 

Oiriitt. 4. Si qdaeritur feries eo citiu» converr 

gaa qnomajor eft. *, fit J'=*> J'.'^*!"'» 
i=,)^-», gtc. hofce valores' in aqnationfc fab-i 
■ftitne, S terminorotaomiiiviniWlhltantium in-' 
diois aiquentiiriBfi/: (in^ici altiffim» digiu.| 

tatii ij*as «j.qwt nec per hilyi, y, *«• »« 
daram dignittfes aliqua» multijiUcatur) atque 
valor ipfius ii.omnium minimns hoeinpdow» 
ventus, eft indei-i^fius'*!)! pnitio ferieiter- 

mino. ' .:. '-.'1-.' ■ ■" .",.,..' 

- Methodos hiBC ^iro iBveoiendo indice primJ, 
termlfti feriri ex defcendcntibns lipfa «JigM* 
tatihisOTnfijazifimiliseftaiediodo B.Niuum 
in Ctpollario fecundo: expijfilae^ pro nreDl» 
^ -*^ ^ endo 



«adb hidice tennini peimmt^fene bbi fpce- 
fttves ipAi» ;il perpettto faot alcsndentes ; ea» 
mni ^ f CTtf neapra tuud adeo generalis eft^ oti 
ex Pkrflflelc^ramnio tiKUe caiiris viderec£t 
-- Cor^Bif s- Terminos qoo6 -attingit ttSca. DB 
abpclto ^0R -«r^&uj- tenltiimt.[ Mi»eAtiir reAa 
^ DE^ nnota pcoraUelo, & fiinil tingec trar-* 
minos ■**, *^,:p-, «*""*» b»^i 'hi fimt iiimi»* 

fimt tertii m&nis terminii «*, *", x"-»,'ia^»r:Tt 
fenc ^un«i erdimtt 2c fic in infinitmn. Xer- 
tninos eoim ^Jdem ^dims re^^OE owtu p» 
nUlelo iata £oMi taog^t. Et fiCnt radix extnu' 
Sa. ex ^mniiis prinii «rdi^nt, dat teminaal 
ieriei primum; fic radix extrada ex tennini& 
firinii & fccuiidi ordmijt , dat -tcrminqs :duos 
prnnos, radix extia(3;a er tcsminis primi, fc- 
-cnndi ii tercii ordinis dalt temutao9-um:{u:i^ 
ffios ; & fic in iiifiaimm. Uade. fi io leqitttial- 
ne defint termini ordifmni aliquorpm inteiy 
mediorum, termini feriei refpeaivi habebun- 
tur extrabendo-radioem e£ Ceaiibiis sequationis 
ordinum (liperionun. Defint, verbi grati^, ter- 
-Diibi tectii, quarti, ^uiati ft fexti otdinis, & 
-cadis o x cra ftff gx termiois. [urinn flc lecundi <X' 
dinis dabtt priqios fex ierier tenninosi Haec 
(f^lerv-atio q^rationi aliquando compe^diani 
fnbRUnifttet: exemplis vqro inileqaemibbsii- 
-loftrabitor* - ■ / ^ 

~ OrtB^^t. .Bx Mc^PiQpofitioAe; JaviAr^ licCt 
,nDm^Fam^Badicii«n,.ipia>aEqaatii>Ftaxio|fls ii>* 

VQlvens faabeis (bteft, & qu#is ploras A.abere 



dnii a<Mbnti|]fiai::j> xam ,s if w. inli^iiimt 
gai.iilelJtafiaiEriWvaJ Et ('p«-G««lli jk 
Frojtii.) tabincnB Tlhiiiiin Jfu^aji^liaiOpiM 
AUciffl&x nugniradiae Uaaiitapw «t :Br- 
gft ■qaatmaie^ quc «bit y^ ^m tt-.tjt «MSoitt 
pacva. «1 litfaite msigtiav iWfnenMt ilriicMi^ 
aqnriis.Bft nbnKmr^cuni qiu? cqKHtiOjpror 
{lofita 4iabe^ fBt(et,.i^ quibiii.lphirte ii»t>e« 

taO^nl^ / , v; ^'., ;■;.. .. -.. ,...■■,„ !■,■., ■ 1 

. .A'deaqnc:stiam.in]it>tc^it'iMnienu:cadicnft 
mtfiatma.baftboAf-^:jiifji=a,t nbi.iixhtan' 
annuarmniimJctarfciiBEC .ii*Miii»e&ienIBsa 
aran ejnfinDdi ;«qiiittio itratt^ntiiri.^teft in 



lAIiqimidaiaecidit^ ^pud i^iiniteaiendiiai 
(Oininintenniiinm faiiei, piDdeiiiitdusaByi*' 
«iape» divei^iiiini olitaieiificinnm: tn iUis jca& 
faisxiiyneiifian^lina Jempfirdat :nnineruiii nk> 
<]ioah GBqofltipa^ ftapbmee. 

; iiiGnagpiaiJWiMn. . 

' /1,' (teaCienisjii-^a^-l-iuy— «)=«B<tral»ii- 
xCt"^ £nt radieos. Uc invoiiactti index 
:XBtmini primi ieriei^uscfiue, pone y=K\ erib- 
wfK f^x", »j»=5»'*'. Termuiis bi&ie ^Ao 
«odb diiinfitis: iu puniiis aogubribns Ewat- 
lelogrammi, video exteriorum cres .cafiis ncci- 
idereyfi;ilicct, init x', x-^i x; x^, .fel x^ x" 
tetmjni reliquis eiperiares. .ffiijnatnr io^fet, 
■& erjt i"°. nz:zi,.a?',n=a, It i'\ »=i* igi- 
,^ - '^ .^ tur 

n,gr,.-prihyGt)0^lt' 



tibai awfi^ fotxS eac-r^ <> ip^ ipfiin 



Prbp.».) tettrihendd «-' ' ' .-•-''■■;(■ 
dicem e% fenniBis —ay+ixj—x' primi dificiindi 
brdinispoBti;. nihilb aajuirtlbd». Hioc yerd pet 
Dinifipnemfit, nam ft fit sqnatio |;^<; + «>;>' 

i-»»Moi '«it>ia— -.«.«r^ ii^«oqot--dJi*iii»»fl 

„■ . ,,.•■■ . ■ ^^»;f,«'.^:,n ^..■.ai,;i„ ■!:.:. 

«-,!:i£:,jif—.-^—£..ii-ll — !■-<<. tjldrliMblH 
•^ .' 4' »< 4' 4' 4' 

• . ' , ^-f^ 

masviTeilietlltelle — ^ Hic divilioaem inclioavi 

:,;.,-■.+ -■- iTij ..^jiji:..:: -., |.'t ,.,. .. 

k teti^b a* ^tiJAiiaro ponitur jtr adinodum pam. 

Jn tafu fec^ndo erat »po, pro,f itaque in acjuatioQe 
fufcftMc^^ie^i >el' qiiwJ.idctti ^ ,1/, obr./J? ell ijuanti- 
tas determinanda Jtatinf inreiuenda.r,^Et orj^tur^' 
"^iW^S«..^— »«^V,efcpfetKjj|inTr»Mrifir 
— 4'vy=o, nndecftJf=:o, Tel^=i4: igStur ter- 

n,g:i-..rihyGt)0^lt' 



wiiifasi pdmu» fkiteffi cfe + • f rf -*i * : I SihBt p; Ipeajj 
«dri^dica^ JuD ibvemam. Ponc Jp ^aqioIdkttnBiiiis 
notidtimiiavaius & erit/^tf-^^A^ii^ti^P^if "'^o* 
rein^iiiaequatione fubftjtgenilo odetui Kq|]UiO*)^}<i^ 



•f-if^ — V^ = o, ubi acq^fip;M,?^:^^^_^o.^ 

«m pro f fubiHtuo,' neglc^rs termin^is yV— Ijt-j^, ui 
&iis&n4niHis ncrit:pio f q uaii i un ioaditiwofaBia,'qoot 
nuUi nfui futnrps fatis ihcticabit ipfa operado, modo 
wiilnl.-trelL^osiorteiei^eiterfiinos pluiesqnxrere tan- 

tum ieftaiiinnts^ &esaw« 34fr— aiMrr=^{x>— ^ 
proxime, atque diTidendo, eritr= -~-f ^^&a 

■■■ ■-■■/[■ :ri - ..bv (>.— Vv:'.; .,-.■.■-: " .' 
..-^'■'^^w ^^ ■*"■ 



tcnnino uforpaffiflttkJi^)pmidifli*,]fiteU i + i* + g- 

Tj€«?-- U&.'-;.>.V,-}-'... ; -;.^^-jiL-:.c;--.-;- ," ■: 

^)c«oet^ainfaftic|d«d prirai ti^iMmiju ttMAHnl 
r^'i(lie]^ «?r &«X'fi;nDiiife robq^w jhI-^^V^Hit^ 

J^apfce-Mww ifr^j^^etkiiu tnmrgatle qm « tf? 

fi JfWtf^X." .C :^---ia;— j/, -;-■'""- .-.V .5 -(--■■■.'..■.: i.;- 

J Ia;iiB«ioi6afo'«WWuirfft^-pt*te'*iftoy<*^i^ 

^j»3_^ej„00lBr>^dtai6"fic^it x^dks dihilb ddd^ 

jf2a-i/j ergb^a^pi^^tertiiiros"fi»ia. PoQc^^^bi» 
+ j&, & refultabit/)^^' i*/? +;^^»+ ii:r ^«''x p ^aJ^ 
— "J^^rrd, uhi tcr&jnl ^'^^'^.«"'■poCti it^uafcs nihild 

loreni fuUlitueado, refulubic «qiiiatip j^'::^,!^,— <■ ><^ 
+ 3** — cr — |Mxy — j^**-|-«»=o, nlMieimioi 

3y**, — 4'jrdaiit— pro temuao tertio. Ponej-^r 

■■ ■ . :-f,'.N ■-.^5.;^_'- _ ' ■.■.:.ii::-{in\^i (■■■ J 

+ -T- & iUuni iFailQrf^.jGi^{t^«ii^«^ n^e^is tei>- 
aaafjSMm iifiufttiuis,"hat«biff 3*^'iii.%><r==3't4' 

■■*^ .«■'■■■ ^,.i ■' «* "■ ■ ' 8«*.^v.- -v-X -■':■«: 
— — fcre, nnder = ^— -■— iBcc.-'Adeoquccff 

-■,»*. PAfi^- m*l-n>-i->^ ;o=^ - ■ 

_;.»';r-|« + ^ + |5!^'a;::f^«t..^^ ■-■* • 



jf N hoc Exem^ indices teperiuntur op* -Or.^. TVi^a. 
Ex xqiutione x^ + «yjr* + **'* — **'* =b« <x- 
MllMdftfit^i«diK'/in rerie irt>i inciicei jpfinfjr^ 
ftiBd 'BEigit -ddecfltot. Fiuat jtr vndtaiiaiarjAB» 
X=f, atquc iqiiitiocvaifet *^+*J|fy-fVjif^i*i»^' 
ftae^s >Ccv cnr^mLAfT>% «qi(etfraTCHeti3B||^ 
uo KjA!»-» + A/Br*' + •'* — 14' = o. TAi^Qiapiam 
^tifim dignittiiis in ^up Jiec >i jt^vc,/. nfHniftiK :cft 
t^ffj ubi iodcx ipb» ^ dS umtt^: SQf ncntvigitmr i»< 
iiooi termiiMnM» reIigppH»m: ppiw)^ jwimit ^«?, 

quorutn Talonnn iDin^us.^i,je& isde;E ip^os ;^ tn 
primq termmo ilerici,& tenDini «^v^y 4*^^^ ^t:t^» 

-f-«*<y pofiti «giiiilcs nibtl(f^(tt ^ssi^, imtte '^^ 

(Arimus tthninin lleriei. ■ ' -^ " 

(Huratu Sfonuim 

"pR termiais reliquis ponc p, & Crit/ =^ -f- f »/•-» 

**' ■ ^ -:?/^ **i^, ubde arietur ;«*;e 4- «? — (t^ 0*^ 
^^Jhipi rictt fii^a^tjpi^um/jt^^itfi sf^titfMpiiMli 
Sit^^—viPi^zsar-*»*-* ^& ^dibit(ir*<r'+*;f-f-:*»"+'. 
— «'=o; termittdsvnicus^iii^quonec^ ncquc/r^ 
perituf cft 4^, u^i indsx iofiia'^ efl o ;^tjgi£orf«f ^ 
= o, |e crit * = —1 ( SSt » 4* k ^ o, j& crit tt = — i ; 
^* ' '- ^- ^, . quo 



^voruni nu^Torun minutais — Ih e(l i«dex iplius x 
tf (SffiMi^tmiqSI £ ttmii^iifi^^ — ^* pbi&5 

gqualca nihflo danf ^==— <jtlir^-±3=.r=.-T^*j«»o tec- 

^ ■■■ : i.i.i -j.:.*; ;.,s.i »i^ • 

minus Jecundus efl r •.,°, . _." . „ 

"•• 'i..-c.t;--.: 

'.^ ib Eom^^j: ;Li;i-:.-ri i';^. ■:-,! T^rf . ■ .li . 
-™M .;i,r=qoaifflf!m#l:-?«f««-,-i-.v •::!,,.:„ 
-f;'i3 s;: ) ;i"^(i3rin.'::-. ,j .;. ; .... .I,'.i-,j:i: ■. . i.ijj 

~i.<i j>na:iruliniinAi^> tniau^z^ndoiii:'; ^f^n^ 

g*'*fe'««'^'«i!fl«t--'-i^!lrtf-==al/lVnninm'ViA}. 

,■.>■■,,;■'■■• 'v .'u ■j.ve;.\mo-,il. i-.i ii.Jl :: ," ■.; .'„,1, 

cnj.w.su9 nei;.^ fjegue f rtBcriwr at.— ^stjr—j ali 
indeg.iplyis, f^ w -;- 1 ^ ja^ ,poRe^id& .» -f i = — 'ij 

«ii « = -^ fViS''i'°™'''' ^' -if 77 J!» '"' ' '^. i~% 
^onim aiipiinus„— 3 eft index guein c[uscr]mus,& termi- 
'ni »,4r"'*?,.|«*ir*;, (guorom indices Tbter, feiequatillsiftt 
yerum ipfius.v valorem) poGti^xQualcs nifailo l^iuit 

A— — «-r «* & inde terminus tertii«ieft,*^Tr^- ■; I 

O^eratia ^^ta, 

C}X *=>■— !«'*■■') f=''-H'^'»"*i * evad<t 
-jfS^aie »'r-).*rr— i«'*-»=o, ez quisc^iii- 

tione invenics tniiiinuti] quartum-^ — iZ^ - 

n,gr,.-prihyGt)t)t^le 



' 1.* i.a.;r' 1^.3.*» i.a.j4A* ' 

-^^ &c. ib2n'-ii. lr,ri;,fi 

i.X3.4.j-jf •"- 

Methodus haic figilku{n iQveniendi tenninos efl; ad 

modumgeneraliSj-lfV^hiti^^^bopeioGi. Ellaii- 

tem alia Methodus. hafce radices annhendi> qux coo^ 

tifihTa a^iiOptionc renef u&ivertalit Bajti^odijbki^ 

^'A»t*+<C«»*«+Z>*'^«+&c;:-'8i inde Atcnfli- 

iononii^ in A4^ Eraditonun zJ^^e D. Zjtibmtmif 

Tuo etiam Qomi^e ie^jdit Ex^mpium jiaum aut a&Wnt6 
^n*aGBas Aicilibribusj i^bi tantiiffl 'docilit Coe^<^iei!i- 
'^um inveatiohem ; at in iadicum nOiiiiicoefficieittiu'& 
inveatione jacebat difficulias. Ideoque X>.T^hrl"lti 
Trep. ^ Methodi /mremeatofumt priufquam Cocffl- 
'cientcs deteiminat, forniatn ierici iuvehii^ aggreditiU. 
Eftqiie ui fcqoiwr* . ' "■■ , — ^- 

lOveniatur ( pci Prop. 1. vel ejus Cir»^.'J"indcx ter- 

mini primi, vocetur is «, ia xc[u^tione pro /,/,/)^f 
&c. fcribe*",**-', ji^», ;r-t,&c. refpe£tive, adeo 
ut termioi refultantcs componantuc omnes txx.& da- 
tis quantiutibus :~ fit r maxldius commiiais divilor. ih- 
'dicum^rmitloriim fic refuttantiaDii~& feraia leriei erit 
hw^ j= ^X" + ^x'*' + Cx»*". -f-©*"*''^ + &c. Er JE 
TCior>n^uiva aut affirmaiiva, prout quaeris fericm 



« digniutibus ipGus x deiceQdentibus aut afcenden- 
tilHiscoD&Aain.-" ' ' '"'"'". '■" ■' 

^Bttm/ibfmTfftitfta, ...-j-.y- 

JpQuatioflis /* + *5i'' — *' — o» quatftitur tadix 
cum^x cft ^modum nugna. Inycni*' (pef 
^ro^. 'i. ) uoitatcni cfle iadiceiti ipfius x in "pniflo m- 
nioo feria :. pooe igitur j^itCf St «qnatid ef a^ ^ 
4-«>^-r*«^3=o. Horuffi iadicumz, ], ^ naximiH 
CDnununis divifor efl uaitas, ei^o ieriei foHm eria 
/ = /*( + ^+C^* + S*-* + £!r-i+ &c. Se: 
quttajc opemio. ' 



,'= 



^'«'+3-''*'t',l^}*+^^^ 



*-! + ^ 



+«2)«-+&c. :- 

. CoiDpantQdot Co«fficieai^ ,tani]iiu>n)Di. Jie^jQ^ 
ruB, eiit /*' = I, uiidc<^=:i. iJl'S+iM'^^i 
mii S=—\l, 5/*'C+3.rfS"+<.ff=o', undeteo. 
jil-ZJ + Si^o, unde »=>'; 5>fiH-«^.S2' 
+ «Z)=o, uode .5=4,«'. &c. Ergo^!*«os1i 

.**^'' ... ^ „ - 



sd Um^TtrtUOrdi^iii^SivtQHXAiXM^ 



furatieiida fic aiixj in fwie^eo ciuu$ convcr* 
geoce guo major eft x. Invenio fpiinam feriei ^se 
^^^r{-jy-{-Cx^-'+2)x-^Ex~i + &c. ' Fluat * uni- 

ibnDiter>exiftentex=i, ut in cafibus hujuliDodi vul< 
go fit^ & evadeiaeqaatio>* — j**/-!-!** — *jf^^-«^=so; 
Sequltaropenitio. ' 



+ cc.i . , 



— 3«>= 



+1»"= 



+•■= 



+ JCV 



+<2>»-> 



— M-4r*ri 



* ~aA'x 
-^jlDx-'-^ — &c. 

■■■. •■"'■" «'. ^;^. .._■■■ "■ 

Ey comparatioQe Coefficiemiuin iorei)io 
yfei, *=Ji, C= -J*i,Z)= — ^'] fe— ^, &C. 
./«=2, ata, fc: — 5«, Zfc= — 5y, jE= — sJgi*, &t 



Irgo^'*' 



> ' 4^ 32*» js^ 



fyt+t - 



0«' 



t04a* 



&<:i . 



n,gn,-prihyGt)0^lt' 



XsiMTcrMi Or<fin> NEUTONiANii af, 
J{f£ea ejufdm tjuaam nm x ^ vaUe pm», 

larenietur forma ieriei hzc,7 = ./2v'+^jr'+Cx^ 
+ aAr'+£ir'+&c Seqnilur operatio. 
+«= +« 



— 3>>= 
+«ft= 



— }.cr J 


+ -JlB^^ 


* »1» 

* » » 


» 


+«• 





♦v- 



Unde 



-*=+i,^j,5=o,f=+E= 2= — I. 



[E= — 



v«,*=o,e'=— ^ a— _-i 

, . i«>. , 4 



Ergo/=. 



* !« 4» , 3*»» 



34 .(d 

Da 



3«« 

n,gn,-prihyGt)0^lt' 



Seduf.verim] quodefl: confiteamur,, bxc metbodin 
vTa/ior inventea'di Tonmm ferlei nbn eH gcneraIis.t(i]o 
im^oflib^c ,eft univerfaliier determinarc formam {^iei 
tx datft forisik xquationis ; pendet enim ^orma rerieitam 
ezcoeScieDiibaSjqtMm eatexponMtibJasindeieAiiiiMGi- 
xum in zquatioQe. Sint eoim dux xqujU;iopcs/'— ^«^' 

+ 1^— ^'+-*> =»»/*—«>''+•>— '<'+*!^ 
^dem eaaiao qooul lermam, in prtore ef^ ^=ii 

— (»'*'H — ■ Sk. ia -poSfxtiacc eft )fz=a-\ 

3«» ■■ ■ -; " 

■ r &c EtjuxtaReguIamD.TVAr» utraquefe* 

nes habere debet eandera formam» qnaro^habet pofte* 
IMr,r £aUit di^» Segala qBotiefcufiqiie «MOciduiU 
^uo vel plures valorcs tcrmtai prinif feriei : hoc eft, 
quaildo ordinau priina ungie curvam vel tM&fii per 
pun^am ejus diiplex : vel quando <ndiafta ^ diftan- 
tiam infmjtaaitraDGt per plura carvx pua^lnfinite 
.jicopTnqua" ^ ^ invicAl. Inveni autem ^(fnenteni 
regulam pro inveniendft formft fcriei qnantuni ha£^ 
pus conftitit nnnqaam fallere, fed iUam el^e ubique vor 
ilm aStB^ie non aad«9) propterc? qaod. in eam cafa 
4wtum iactdi, (obfervanoo fcilicet plurimas feries di- 
yerlas) & ejus demonflratioQM poftea fimltra qiacGvi. 

. i^iithtibt ^ermim*4i fvni*^ Serui, 

iatur index primltertnini, vocefur is«r, ia a^w^ 

tion<i pio /fj^^ftt^Sec, lcribe *», x^', x^ &c. 

-. ,: re- 



TNvofia 



refpediive} adeo uc teimioi reruluntes compooiotur 
tx ;( & datis quantitatibus : fit m maximns communii 
divifor iodicum terminorum Qc refultantiuDAi p Dua> 
rus valorum primi termini qiii intcr (c »quutor, & 

r= — atque fomu ieriei luEtjcrit /zr^^+Af**' 

Coincidit hxc regnla cum r^la D^Ti^f^qaaado 
/ efl vniias, hoc eft, quaodo primus icnninos non hi- 
betfllaret Taloiet «qmles. 



EX seqoatioDe /' — i;^+;(*c — 4» == o, extrahenda 
fit radix / id lerie eo citius convergente quo ma* 
jor dlx. Invenies ope reAanguli prijnam termionm 
efTe Xf qtiem lcribe pro / & xquatio cvadet jfl — ix> 
+*>■— «i'==o. Iddices terminoruro foflt 3, 1,3, o, 
quoTum roaxtmus communts divifbrelt}. &xquatio 
j^ — i,r/*+4if;' = o qux dat primum terfflinmn habet 
duasradicesinterfesequales; igitureRm=3) f~^t 

& — =— =r, nnde forma ieriei hjec eft/=^ 



4-ar-3 + Cr^ + Z)jr4 + &c. 



n,gn,-PrihyGt)0^lt' 



^ ^^imaTtrtii Ortimis Neutokian^ 

_ Eflque operatio at fec|uitiir. 



•jr-i+&t 



+ 6^SB{ 
+ 3AC ( 
+ ZS'C > 

— 4^£j 

—t«0 >■*-! — Stc. 

+*■/= ytx' +Bx^ +0 + Z>j-i 
+ £«,-!.+ &c. 

f*— 2-tf*+-*3I0, 

=0. Secundoeft 
jS+.S=o, fed 
'+}^'—^4iC 
- zS' — 4' = o, 

. _ :>+6ytBC+B' 

— 4^'-4«t+a=o, jdeft,«/^ac+.fl>— +ac=o, 

ergoefl C= Etqumto invcmttai Z>=-^A 

2 1 o 

quando pro ^faibitur + «^, Sed erit = — fj, qaan. 

*«pr^iffraibitiir— 1^. Adeoqne ett radii 



D,gn,-prih.GOO^l4 



Hic in determinatione C 
vandum eft quod ex JecnQi 
— 4y^£+£=o terminas 
periebatnr, Idem femper 
tieicnnqne terminns primns naDct piures vaio- 
res interie eqnales. ' Nam fi termini primi om* 
nes valores mnt inter ie diverl^ terminni fe- 
cundus & reliqui omnes in infinitum habebont 
nili unicum ralorem & per divifionem femper 
prodibant. At fi terminus primusjtiabet plures 
valores inter fe aHjuales, tot diverrps valores 
nece^rio habebit to-mious fecunduftj ani ita- 
que per divifiopem iwemri oeqaii^ led rad^ 
erit ^uationis tot dimenfionuni-qaoti ipfe ha- 
bet valores. Unde in comparat^ne Co«fficien- 
tinm fecundus terniinus B_ ex sqoktione feJ- 
cnnd4 non femper invenltnr;: Scd ponendo 
Coefiicientes terminorum homolc^rum £qua- 
les nihil, membM-Qrani^ fii'-rautuo femper de- 
flruent ufque dum pervenietur ad terminumin 
cujns cocmciencc reperKur terminu^ Yecundus 
tot dimenfionum quot. iple habet valores. - Sed 
luBC omnia expenemi^^alto metiu; qpam ver'- 
bis patebunt. 

Confiderando Curvanim Tttigentei^ C^rva- 

tnram^ VamiiSnemF.G^rvatorjej ' Variationcm, 

* -^ Vari- 



» tim»TtrtiiOrSmi UtvroiftAn^ 

VariationB, Ue. qax detenniiiari (blent Flixio- 

nani ope, detenninari ctiam poQb ppe t^i- 

norom leriei, ut innnit D. Ntutomi ad Prop. i o. 

Lib. 1. Frac^imn ; ftatim cognovi Incremfcnu 

, tertia, &c. relationem qnandam 

1 termino» KipcdiTos, adeojae 

determii^ri ex Flnsionibas, 

I reUtioaeia illai^ & taadem ia-. 



PROP, m. Theor. 



if= J, c=->- ;z)=-i— , 

irit i.i.rVi i.a.5.r'ii 



-'«C, •*P»lK»ft;, = .rf+.^ 



Iftmufin^ ■ 
. Ftoat Af nniSimiiKr, & ik sim W»iii> r*'-) i =i », 
Tel*=r;,^-:. ,Et_eri(.7.=iriiir-'>.+.w<rj«>^* 
+ jry*!'->i+4r£rv-i+ &c. ubi fi pro » po- 

. 5 ■ -■, , ■ ■ ; • ■ •v o 
auejmTalpiem-jjjr'-' <aj|/a»(B+aOt!+sa*r 

n,gn,-PrihyGt)t)'^le 



^iExr-i-^c., Et inicf^a^Ct^^i+erSx^tf 

+ iar£*s'^-'i + &c. vel poqendo ^o i, — **-' 

ia!!'tC+sSx'+i2f:iPf+Sx.t/iaie}=&Bir-'f 
^ 24r&'7"i,-t- &C. M ei]^^ = 5ZJ + 24^+ &c. 

aic0i^n:fsd37JinSt"-'x+^&Xi!xi3.fE+&c Jamfit 
X iaBoite magna vel ia&mK^fmxii- ptoat r eRfiufiafr 
rus negativus autljAnBaeivi]^'-^ttiiaccurate /=.^ 
j>'—;aCjK '==«!&,""(■ i^i+^i&t:. eigo vidiliui ett 

i»lfa>,,.ffi=jjr,-fflt=(jr, .fi=.4#i i&c..'Hirce,^va- 
Wimiflatlitia^iCi Zt, £,, &i:.:fubaiNltil oijttw 

x= — *'•*', ideoqueeft**» ■ . quen ipGus ar' valo-; 
Koi fuiiHitue m ternliai evadaiit homogenei, & pro- 

iM,y=.A+d+-^^-^^ 

■ij** i.arV .iA'ir>x* 

+ —Z—+&C CtE. D." 

i,a.3.4.r*i* ' ' 

Cot*. Sii j' !=Ax-+ &"' -(- <;««" -(- ©JC^S' 
■f&c id efl/ = jfxy*-t-Ar-(-C*"-(-Zljri'-(-&c. 
pone/^i/Ar-, & etit »=//-(- a'*+Cir»-(-Z>«' ■(-&£. 

♦ XV 

Uunde pw hanc ProfOQtionem eft v — ./i-j : 

• ^' irx 
E ' -* -1- 

n,gn,-PrihyGt)t)'^le 



)4 Om*TirtiiOHUifVEOroii(i»)iMi 

4._^+— "^+ilc. Ergo ea >=:rx> 
i.i.r'*' i. i.jJ-'<' 

^. ii.+_^ +-'^ + &t. U. totaMtra 

FloxioiKS ipGiis v, ptojt in xqiutione fublHuK tur", & 
brietiur «|iHitio.nanrd4UM«ai nstr tr&v Aetmei m, 
« ^ iaraua flnxioMS illu. 

ExMflmPrimilm, 

E3C njqitione/'— «y=«'— 5'* extralieilda fit 
radix j'." iQveDio fonnam £nei fore ji-{-ffx 
+C»r'+Z>«>+<M. adeoqacear?,f.^ideofiiiit 
# nAifonalKr, unde pet inetbodtitai.-Fliixioaiiiii.^ 
•e*Mlieft 4)»/— 4^3 Jii*"--»', .(^5?^«»rr=«« 
— Il/y, 4/V' — iy=«« — IW''— j«)'.i;i;, &C., 
imde/= ^ ~* abipro x foibeo, & pro^ «^ 
ejoi valorem ctm X e(lo,&erit/3=— |p— = — |: 
-_ g«f— ii;»' _ — iix ii-xj^— 4 

, 6«— i4)!y'— iVy _„,.!♦,_ 3" "4" 
1'''^f' y? w_ 

'*' 

= ~ Ib lerie geoerali holce valores fubititue, uai- 
uteoi^pro r &« pro .^, atque ptoveniet/=«_|ir 



, >f*' 



&C 



Exm- 



n,gn,-prihyGt)0^lt' 



Euii^iim Seemidiim, 

jnCd radixj-. Invenio foroUn ieriei efle A+Bii^ 
4-Cv*+&c igituefirsa, & x* ilait uiii£>niiiter, 

idefl, ixxsst, 8qx = — GKpieiido flozioqa^ 

a;>+«!r+.<*=— W«'=-/;l^+«>+»r*/ 
=— V— <y. ?;*+«>+■«>=— si' -■?>»' 

i — §^. Unde_y= -j I -1 n^ieflo!emiino.*y,qoo- 
oiunfappoiiitnrjrewicfteni pib^i^peBeif^wv»- 
loieniciinicfijv^Oi&ei^c^^- jr= "^ ^~ ^- 

+——«««— . .- . 

j- 4* »««• _ I '_ — y— tSty— ^* ^ 

+•' J"'>. 3/+'' 

ss — =-^l8«x X 1-- — = — _ - , 

}"» .f» }u' g»i' —.^ ln fe. 

lie icnaali (to .^robB)Uie <, &>pcor, atqoepro- 
yeiuec»=i» +r^ — ^ — : &c. 
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1« Imu Tirtii «rdHiitiSzvrttfCifHA 

gxemplajnTftitm, 

ELevanda fit binomiam d -f x ad potcftatcm inde- 
feniiihatam cujus indcit eft ». Ponc /i= «+?y ; 
iiodc'cotn cft f = o cTadit/ — *•, 8tiildciofcn^ge' 
iieralieft -*=.«•■ Fonnafcricill«:tB.#f^*+t*' 
:\-3fjfi-[-Sfc- ergoeftr=* = i. pajiicndB 9w- 
oncs ctita^ 4- ;(>■=«/, ei^+jj-^»— ',»/.'!''+■'/ 
=B — x>(^,«j^-|-j:/ 5=0— ■,!«,/, &c..fevancfat^ 
&crit/=Btf^', / = »x«— r xt^^jf — n-^tt—i 

»B — "2X(I*-3, y = «X«.— t X« — 2XB— 3 X*^^^ 

fclnftriegeperalihafwvaloresruliftiiiit*' pm<*& 
vnitatem pro r atque ptodibit^=i+xr) =«" -t- B«t^'* 

I =■ " ^ , ' 

Hoc modo patet qnanta iactiitate demcMtftaUir.Tfaeo- 
lema D. JV^K/CBi'. , - 

ExmfUm ^«■fta», 
.■f-iX datoarcu EC- quwawr ejos CoGnu?.flC Sit 
-^ EC=», BC=f, a = Xi SC=r, Erit AB 
' > =V,":5-.,«xiB*nt« ladio ^« 
='i. Propte^ (itnilia trian- 
■ tgoh .>^, "<JZ)c;MC: 
.4«i: Ct: Ca, id cft, 
I : V,':^::. *;/, Dodc erit 
"/■=*■ — ;!>■. Fotma fe- 
rici 
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tmhaK eft ^+^+,Cr*+23brfTh&fr qiuicon- 

4- &c. igitor poteft .v vel ;r' fluere uaifQnniter qpuin 
qtueruntur fluxiooes ipfius j^. Fluat x unifonniter & 
fit^anf, atqiib sequatio ovadet ^ = I — ^*, oiiile 
ajKf = — ^ v«I _y =: — /, & indc j^ — /, j'^ — /, 
^s= — ^, &C. Qjioniam exiflente arcu £if7=o, flt 
jrs=AE=ii, proj ^ fubftitue aniuten), &eritj'=o, 

/=— I, >=:o,^ = i, /=o, &c. In fcrie genc- 

irali pro hi/ce fluxionibus hofce valores fubnitue, uqi- 

niutem pro ^ & uniutem pro r, atque provenict 

' - x' X* x^ 

f=i^^^~ f__j.&c. Et eo- 

^detn oipdo icvenire licet finum 4iB ex dato ejus a^ 
■co-SC.' V., ^ ■;' ■ 

' . Ex bpc Ex^plo conftat opeuuonem admodum al- ' 
levi^ri fupponendo x & ii,pd x* fljiiere pniformitcr. 
ildcin alibi nptanduqi t% fiwa r. (quxcunque fit forqu 
.ieriei) ad libitum f^rg fua)i potelt Utiijbrau leriei 

^o*fitw eflit ^^+.a»'+Z)jr'H-£jf'^+&c. nbi 
diffttentia^Etponeatinm.elt 2, ndn opas.eil ut fit 
r=a, fed potefl efle quHibet numerorum iequentium 

■ir«il)fc'ijTi. &C-"'' ■ ■ ,■■ ■- 

<" Mttbodus ba^reducendi radices xquatibnnm iii It^ 
ritei coavki^witej^" tniid abfimilis elt tiiediodo aflis- 
inend» ftticm cdifficJdDtibui JndeteriDimtis a$t:£bffl ; 
at pleiuoiqae minus operola, prxfcriim fi dcliaercntur 
L 1 , ^ fcriti 
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fetki tmam ttntaiD pauci initules : hi (uffictblit •< 
ianiiteodH Tuqjentei, fiadios Gorvatiinc Afynipto> 
toi & Gfflilia. ''- 

De Mqaatimmm ^ fiM mi e « mmtfmt 

H£C de teqtntionom redo&bQe Utenli diSt 
fufiidant, de NnnKiali itaque adjicece ptooi 
licct ^ 

Oamii ^aatiomim Rcdu^o, im Tiipni diximDi^ 
ex hoc pauiet, ut [vimo alCinntar quantitas radici 
quxGtx xqualis prozioK, & poQea ut valor Sle aOiinH 
ptiis corrigatui. Exempli gratU, fit sequatio ColMca 
jfl — 21/^— i<S =o, cujus radix quxritur ; & tentandi^ 
Tcl per ConQruAbnem Geomctricam invenio dSb f 
numemm [m>pe verum, itaque pro / fabflituo ^+ff 
& provenit xquado nova ^+ tf^-f J'4/+4— ° i 
jam quontam Af proxime xqnalis s» erit / qtnintitas 
admodum parva, ft per confeqoens cios poGefiatea al- 
doiei, emnt ipfii multo minores ; n^;l^tis igitur teiv 
nrinis minoribus f^, tsf^ erit fete S4p-{-^~of vd 
^=— 4=— P74, ergo7» + y=r/= + ,iii<tn>- 
xime. Si qoxrttur radcx magis accurMi, p^^iipata- 
^um cft ;— ^;i4* atque opei^tionem perGciead<> in* 
Tcaies plures figurai r^ici iam inveniBe adfle^ndat. 

Hxc nKthodiu ea eft qnam invenit & in AatlyS 
fpl tradidit D. i\^atM. Snat & aliv medwli idem 
{crBcieivl^ qoalis eft ea^. St^oif & 0. fftjiti» M 
fi; efl jAn tradtta omnes pcndliMit •9( %il« flHMiV 



Boc nodo ledacuntiir asqaatiaaei omaai 
TnlgarH, in ^bus fialioetexinit oiiici tantuni 
qnantituignotiisracanietiaDiaiqnationeahqiii^ 
faoii y+y—7y=o Smili nodo pofliint re^ 
dnci. Sed i» equationes iftiarmodi, quamni 
ufuioonduni ftm innotuitj teniHuiaipendera 
jan non vacn. iBquationei flilxionala, qa» 
niani in iia leaiper t^riuatnr fdnrea quantica^ 
tea incognitie unote ladix extrahenda enni 
fliHi9aibiniiu% oidonodoluntirreduciUlefc 
yt ergo panin radic«a ia imniem habcri pof- 
(ant, ad leriea cooiagiendwn eft. £x leridiu 
cnim, qaotielcaiique £it celeritcr ooaTeigant, 
npeoite inycni^nttr radioct Jtquacionum. Si 
igiuiido non oonyetgant, tantam opoaeft .^mor 
nenoe iplb J^Mmh fub fiwm Aimfjeu) atif, 
iciliQet ^uantitas ex cuh» poteftatiboa con&- 
citur firies, aliqaotiea adhac mwar rapponatur : 
adeoque radtx non unica led plucibus leriebus 

habenda cft. Qsomodo tcio hoc fit, ftatio crit 

naiiifeftum. 

SitcurTa Of^!^ AUciliii ,/ffl=x, Ocdi- 
«at«,ilC=>.Et. ^ 

^HRratur;* vdCr «_ 

in numcris quan- - ' ^-^ 

do AUciira CTadit 

,^B. Rcdttcatur 

Otttinatt in leri- , 

en, & fi leries il- 

la, lat cito con- * 

TcsatdabicarJlf: 

atuitonctaTeigat, coalqacminaiintelligatar 
, jr ■ * tit 




46 L*w«T*«HOCii«« NkuVowlAJriA 
»u«!tandetn oelericer convergst feries; iri'|(ll 
magmaiAim&t x^jfEi & ieriti dabit in atti 
iii«i« OrdinatBMi^fif. jatn^iiimo novjni ; AW 
fiiann'£8:±±i^,« qacrotefatlonem inter ilitji 
OKiqtiSiavenietdr valor ipfitis v ^' ^ie e^^ 
nl&tilwtipfiar i^ coilfefta; 'Si ieties illa (at cito 
«M(vergatj <f}UiA eft :^=!EB;- habenius quiefi^ 
«>n'i M 6 ttohlconvergat,'ebdein modd mintli 
jam intelli^atur^ fd'^ ptimx, btconv^gat 
ieiiies r fit in ilto cam ^^ Bt, Bi dabitur Ordi* 
ii«|i GH. iKucrds-«t AUciffl tMia G2:r:v, Dt 
iqaiBratiir rilatVo iAter r & y, qa3 invend ledn'^ 
<eaiar jfiH reriein«x dignitatibtisipfins vttiii^ 
acttmi qQi»,l>'non adui< cilliriter converg^^ 
mnttiiimfiv<ic'&fei=;OX!;, qi)£'GJi[;fit'taiA 
Mtva nt ieri^ad'libitunvco»v<:rgaty ic dabitnt 
Ondinatt iSjt. SufflO qdartb AbfciiTam 'l^ 
=^^ fir qfuero'vefcitionem'iilt^"i'2r^, ex'q^ 
invenio valbteAVcirdinatst^ tn feVie, quxifi citb 
convergathiibeaiua-ipram '5r'qi^m qusrimas. 
At fi noD convergit eodem modo continue^pny- 
cedere licec 'quci.iniis': arqne cii tali prOiSuni 
Abfcifla ultima I(B undem fevadtt miiwr datt 
qu&^s quantitate j ideoque leries^iiltinia ad tf- 
bitum cOnverget. ' ■■.-.■,' • 

Hic notandum' eftqaod «ft^Dprimns tt^ 
minrn feriei, quaildo ^£eft ftbfdfla & £FOr- 
dinata, £Feft priinas terminu&-qamdo EG eft 
AbfciiraS GHOrdinata, GfieSt primus ternii- 
nas qiiando G^eft Ahfcifla''Sc iC^ Ordi^nati^ 
I\LeK primus terminus leri^rqaando J(^ eft 
Abfcifla S »C Oiidinata. lideoqae pl:iafqiiam 
* <^ . h»- 
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LirufTertu Ordims NE.uTOHiANjEk 4t 
k^}«ri poteft Qrdinata quzvis fuUequens, ne- 
ceiTacio habends funt omnes anteceatjet^tes, & 
e.i;go antequam prdihata M invenirt poffit, in- 
venientia^ Afpt omnes alis. ' Adjiciendam jani 
eiiet Exen^lum unum aut altenim, fed oiettio- 
dum hadC;per fe (atis patentem ducens, tscdium 
calcuU evitare ihllitui. 

Suboedterem jam quxdam de Praparationi 
,£quationum : nam aliqus ^uationes prxpa- 
tione , indigent antequam earum radi^es erni 
poCunC^, Ja xquationibufi Lineas Rationales 
de^nantibus nullam nbvi difficaltatem et 
|ia<^nui tiuf^s fecile noti toUendam : non item 
.\0 £quitiot^^ Fluxiones irivolventibus. Hs^ 
aliquan^ rPrs^rantur m.utando Ordinatamj 
alias,./U|>icimm, atiquandb atfamque: Sedfiint 
lequationes x}^ibus nulla fiifficic prxparatio, 
quantum n)i|ii conftare potuit : ^o de re du* 
bi^ tradarenon fnfciplo. Certe illi'<quicunque 
hanc nuteriam aggreditpr prodibunt c^lqi^ 
quoram onus sgreuilttnenduni e&. 

'PROP. IV. THEOR. ■ 

tAfymptotos reUa decujfdre pBlefi earvam iniMiiieM 
ptm&u^ dempt» duobiu^ quot curva efi dinien- 
Janum tf mnqmm pluribm, 

Llnea quaevis lecari poteft ^ redd in tot 
puncflis quot ipfa ell dimenfionum & nian- 
quam pluribus, quoniam fequatio tot habere po- 
. teft radices quot ip(a eft dimenfionum & n»n plu- 
res. Sitjam v.g- liaea cercii ordinis Arym])totoii 
- F ■ ha- 



4» iMtiTtetifSrH&fltjl-tiiittkitiiL 
bilbets Bjlt. Dflc teiftinl qiatnvis FJ>LEti' 
cantem cntrain in tribns punAis 'Bj^>^- 'n 
■ ' lfacireiaaSt|mn< 
■adte ■ qcnidlibet 
;F,ciiio4qubat4n- 
qdain polam gyi 
retur |4iaa '»F, 
per fitaiA Fdlc 
tandem in ficain 
/"if X t perve' 
niens'^ ubi eftAi- 
IVnititpto paral- 
Icl^;^ Jt .B ti- 
i<a«tStri«feai<y- 
ni* '!^iii^a!am a«- 
tiiitiliiHStiitiim: 
ideeqne in illi 
pofitibnereaiaJ'* 
oditlrritcarviein 
ddobos tantom pti;iais l; ^. Moveatar reaa fk 
tnota paralleto dbnee tindera cam Afymptoio 
BC coeat, & in illo cafa paa<aum S etiam abibit 
in infiniinm : reSat igitnr imiciim pundiam A 
id qoo ArymptotQS curvam decdllare poteft. 
£t iimiliter in utlo alio.calii oftendetur duo in- 
terfe<aionis puntfta abire in infinitum» hoc elt, 
evaneicere & nullibi reperiri. Proinde reltabit 
numerus pan&brum, in quibus Afymptotos de- 
culTare poteft curvam, sgqualis namero dimen- 
fionum curv£ dempto binario Q^ £. D. 

C6AS, I. Linea lecundi ordinis, id eil, la%io 
Coni'ejas Afymptoton non odtdinb deculTat, 

s. . !•'- 
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Linea tertii onlinis ejas Afymptoton decuQjire 
poteft in ilqico Uncum. pno^o^ Lipea qnarti 
cM^dinis in duoba^ Cc nao^aam plnribos. £tfic 
in aliis. 

CereU, z. X,inea fecuijdi vel tertii ordinis A- 
fyniptoton nontanget, Linea quarti vel qainti 
ordinis ejus Afymptotou tangere potefl in anico 
puiwao. Et;ljqporro, LiqaethocCoralUrium 
exinde qup^ pup<^um contgi^us confljitur ex 
pluribos ipteri^i^ionuR) pun^is in unum co- 
eantibo^. , 

, Cmff.i. Si Linea quarti ordinis tangat ejos 
Aj^inptJ6ton,.radius Curvaturs in punccpcon- 
taaas femper erit fihitus : nam pundum illud 
.contadws cppflabiti^ cx duobus tantnm iatet- 
fti^JQoijm guQdis- .. ■ '' 

CoreS. 4. % duo crura Afymptoton aiiqoam 
adjacentia, j^ceant ad eaf3em ejus partes, vel 
ad contrarisis 6c fimal adeandem pfa^am pro- 
tenla, tria ad minimum interiedionis puni^ 
-abeiint in innnfcam. 

CaroS. f. Hnecojlkjimusmaximum nnmerum 
Arymptoton iparaUebrum quas Linea qaievis 
habere poteft,;sqa)k}ei^ efle namero ejas di- 
menfionam c^mptS u^itate. 

CoreS. 6, Et ^ii curvaxhabeat tot Afymptotos 
parallelas, d^pt^ unit^e qoot ipfa eft dimen- 
fionaro) ea e^rbm nuUaniyfcKare poteft. 
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44 tiiui TertH Ordtnii NEutoKiAHJL 

PROP. V. THEOR.' 

iSr OrMnata curi/m paraSela fit Tangenti odpunBum 
ipfiniti dtfitms, Ordwata iSa in, aquatione cur- 
vam dejmiente nan afcendet od tot iUmnJionef 

. qttet efi curva* 

SIT ALHt^ct\M ciirViB infinitum, Abfcifia 
AC=Xj Ordinata r/. rrj", 2)^^tangens 
ad Hpundtum infinite diftans, cui paralleta iit 
Ordinata 5Z.=v, eique fit correfpofldens Ab- 
icifla AB=l:{. Dico m squatione ad curTam 
quod V Qon aicendet ad 'tot dimehfiones quot 
eftcarva. 

Fer H duc Ordinatam HE, cni prarallela 
i^F^ eziftente £Fqaain minima ^ fit pQrro GH 




CD EF 

' A!l>(m£e parallela. Concipiatur panftoni L ab* 
ire ia inmiitam, adeo ut coeant punda L, H» 
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TJmieTeHu lOnimt Neptokian*. 4Jr 
BtDiCE; Et iriiUp cafa erit >"£=«, EH=yy 

CH=x, GK=yy ^-^yDH=v. Redu- 
cantnr y in ieriem hajafmodi ^x-^Bx^-^ 
-4-r«'~*'^4-i)a;'-5" + Stc. eo citius convergea- 
tem qub major efl x. Index ipfias x in primo 
termino (eriei neceirario erit unitas^ qaoniain 
nltima tagena DH datam ad Abiciiram ^ fnp- 

ponitur habere inclinationem. Erit y=Ax 

+ 1 — « X Jar"* -j- 1 — m X r«-»"« + &c. Unde 

eft«:y:: i : ^-(- i ^nx5*-" + i — anxC-if-»" 
+ &C. velobfimiliatriangalaZ)£H, HGl^ti 

^+i— «xff«-'+i— Mxrar"+5cc.'t:Z)£:j'i 

idetoque invenietor D£ = * + -.«'■"+&€. po- 

2ieudo pro^ ejus ralorem in (erie. £t j4D=AE 

.— DJ?= — -^«'■"+&c. Sit jam x infinite 

magna, & erit accurate j = £ff = ^x, AD = 

■ — T*'"", quumqae per naturam feriei fic n 

nqmeras affirmativiu, eri£ ^i> infinite mi- 
nor EH, & eciam infiriite minor DH qux ad 
£H datam habec rauonem : W:. eft i^ infimte 
mirior v, igmii; in squationeTncMi crit tot di- 
meafidnmnquotcfti^adeoqaedeetot quoteft 
<wrv«-- Q.E.IX!. ■■•.:::. ..-:^,;-. .. J- ■:; 



4« litU4TertfiCb-4im NpvTpNUM* 

GtraS.i. Igitor jequatio X— « defigpae.iv- 
iAantj ubi ordinata y nullius eSt dimcnfipnis, 

*+4x/=:i*»-t-f>+</ omnes fecaddi ordinis 
qac peigunciii infiaitum, » + « "jy = ifrjr»-4-f*-(r«' 
)(>f + M'+/*^+^jf-(-A otrtnes tcrtii ordiois: & 
fic inreliquis. 

CoreB. i. Si exiftente Abfci^^ cutYSt ififinite 
jnagn^, Ordinata fic aduc JnBoice major. ea 

S' arallela erit Tangenti Cruris FarabolicLad di- 
aatiam infipitam. 
..'. ^ci?. j. Sin Ordinata fic Jnfinite magi>% 
quum^ AbTciffa npo eft infinUe roagna, ea p^- 
■rallela erit AfyinptotQ cruris Hyperoolici. 
' (inff.%. Cclnftac methodus deceroiinandj po- 
fitionem Tangeuciam curvarum ad diflantiam 
ihfinitdm, id eft poficionem Ordinatanial quse 
ip squacione noa aicendenc ad coC dimenfiones 
ijuoc eft cnrva, fcilicec ex rationc quam adin- 
vicem habenc Xjj in ul^n^>l earum magi^icu- 
dine : ' qiis ratio femper invenit^ ope {eineruni 
ccH^vergCfitiu^. . , , , . 

, . . . Scbolion. '•■■ 

POteraih hanc Fropofitionem eodem '^odo 
dem^iiiftFaHe qiio priorcm; Nam iniaqiM- 
tione tot iempcr periixiiic/Ordiaac^ .^iaMS- 
-ifioMB, 4^ot ifvcerie&iimis: ejuii pan^iabdunt 
- & Jnfinicimi. Bt fi quan^a m aUqnft ^t^k. Or- 
^ilioatf oon eft: tot duneo^douni quot o&iCWiWi 
fempfr comcipiendum eft pui^ld qaasdainrw- 
terfectionis abire in infinitum : imo hoc in ip- 
* ■- fis 
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fis Ovalibas pbciriec ; mm concipiendum cft 
eas habere pniiiaa tfuplicia imaglnatia ad di- 
ftantiam infinitiun. Finge enim cucTam faabere 
coc Afymptotos^quoc habet dimerifionesl oaa- 

rum nr"~ -"— ''■ — = ■• ■• ■ • ^ 

Ordifla 
fionun: 
fcipe A 
doiiec 
omnibi 
quot { 
toms 
atmia 
ptoti i 
non ' ei 
tea cR 
TOoddi 
«dlliti 
dinieiif 
meniio 
efle ps 
namen 
anicic ; 
menlio 
pertnj 
reliqua 
'pcocos 
totos (< 



coenntiam qnas curra qnaris habere npteft, 
ieqaaiis cft numero Afymptoton paralleiarum 
quas habere poteft i priufquam enim coennt 
evadunt parallela:. , .»PROP.' 
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4t LiataTertiiOrdi^t "SzvjoifiAKMi 

PROP. VI. tpkoBL. . ' 

- Imenire^J^mpidfojCurvarMni.,, 

;:urvain reducatur Or- 
hujujtinodi y=J7f' 
> citius covergente^n 
fuine Ordinacaoi oo- 
cMnnibas faujus ieriei 
v non minuuntur : & 
:htia augQndo x coi^r 
irdinatte ipHe ad sqn»r 
sddent; UudeXinea- . 
3), X ficbrdinaws^, ,^ 
propuis ad fe inviqen|i 
:o magia producuntqr, 
tqne adeo ^ eft Ort^- 
jabicur ex xquatione 

i (unt.brurum generai 
ta:^ epfimpliciuserit 
;a re^^ crus etit Hy- 

rmiiius leriei,.qui au- 
gendo X minuitur, fit affirthativus, Afymptotos 
lacet inter curvam & Abfciiraui ; fin minus curya 
jacet inter Afymptoton & Abfciffam. Nam tef- 
tninus ille feriei evadit asqualis parti Ordinatas 
inter crus & ejus Afymptoton iuterceptas> ubi 
' eft a^infinite magna. 



BtiSttTWiii Ofdinis N e u t o n l a w k: 49 
■ - €oi-'aU~. 3. drdHiatx Oralinm Tcdnci nfrqilfeurit 
in ferieg ad vcritatem tanto magis acc.cdentcs 
{paflto major cft pt. Nam fi hoc ficj-i Fofflc, Or- 
^nata Ovalis effct quantitas realis ciimAbicifli 
cfl; ipfinite magna. Sed Ordinata Ovalisr eft 
itnasfin^fia co^ Abfcifla eft infinitei Ynagna. 
tJndii^iqiietMcthodus dignoftendi Ordles. 
_ CoraU. 4. Simili prorfas fatiocinio co^igitur, 
i^od^fiquandoOrdinata cnrvE evadere poflSt 
ittPmrc itnagria, fibn itrein Abfcifla j raibr Ordi- 
iiata: habci^i ncqtiit io ftrfe co citios convei:- 
^iiteiqao 'majdr eft Abftiffa. 

&tou.f.OmtM Linea imparis cu}ufq4e Or- 
dinis pergit in infinitum. Etenim Linca ordl- 
nis imparis defignatur aequatione imparium di- ' 
nienfionumi adeoG(ae. *d minimum reperietur 
una feries eo citius convergens quo major eft Xj 
}ft(yf^m <|U0d squatJo impariam lU^wafio- 
num ad minimum unam hsbet radicem poffibi- 
lem. £t (eries iftiufmodi {p%tCoToU. 3.) adOva** 
les lioti extenditur, ergo ad curvas quae pcogFe^ 
diuntar ^n infinitum. 

Corell. 6, Hinc eti^m fequituf, quod Ovalium 
tum Ai)fci(Ja2 tum Ordinat^ (emper fiirit pa- 
rium dimenfionum. Nam fi'cflec aiteruto.im- 
pacium, . carva { per CoroB. j. ) pergcret in in- 
finitum. 

CoroS.7. Lincaquaevistothaberepoteft Afy- 
mptbtos quot ipfa eft dimenfionum S nunquam 
plures. Nam tot habcre poteft, qUot ha|)et ra- 
dices ffiquatio quE dat primum terminum feriei^ 
^K -{-B^C-^-^-Cx^-^^-^-Sic. id eft quot curva 
G ^ eft^ 

n,gn,-PrihyGt)0^lt' 



fp UnM 'prtii Or^ms ,TArv jiyf^^AUMj. 
eft di^pfiQnuoi, at coaftat ex fexieni^ do- 
arir4., : 

Cor^. &. Si tenniiucuin initialiuinplures va.' 
Ipre&coincidanc, Aiyniptoti plures in unam co- 
ibuut: .^.iigura habebit crura plura folico ad 
eafdem pUgas extenia : ut accidxt Conchoidi 
yetenim, ^quse babet quatuor crura ad unicai^ 
AiymptotQajacentia. >, 

Coroll jr. Si nainei;u3 dimenfionum cqrvsc Gt 
par, j8c nuiherus Afymptoton impar; vel find- 
merus dia^niioi^ain fit impar & numerus Afy- 
mptoton par, figura , habebit duo cruiraadiim- 
cam ATymptoton j^ntia qu£ in plagft&eaiHem; 
.in infinitum ierpunt. . 

EXmpU. " . _ 

' ^Eriw x'—^'^ &C; quara ( ifl Exeiftph s. 

Trop.z.) invenimws pro radice srqotionis^— «> 
_^ 4x^ _ j^ = o,, indicat curvain iUam baberQAfym- 
ptoton «quationc z=jr — .|« defignaum, adcoqae 

• ■ ■ . . . « "■ 

.iw% cL\xtfL efle Hyfierbolica. Et quia — ' termious pri- 

', . ■ ^'*'* 

tniis feri^rqtii aitgendo x roinuitur} efi afiirmativDS« 
Afymptbtos jacet ( per CoroB i. Pro/i. 6.) intcr Cur- 
vam & Abfciflani. Et ^qupniam unica tantum ferles 
illiufipodi obtincri poteft, Figtira non Tiabct HiG duo 
crura ad,unii^ro Afymptotoii leilam jaccnria. 



1. SerittiUa — 'r^'ir^'—&x.Qaam(inEx.i. 

iPl4>;^b.lnven«niis prp.raaicVje^uaticiis;;yj^' "if tyitx 
+«^4i^**ft*>==o iiiifeat Abfbiffiboi t^ Afxfl)|>to(on 
JltlKllieiB;^ cruct:«bdi«Cf&l&'C)t]s pMm^fmiSI^;^ 

cqua- 

b ha- 
Epar- 



4* .-f .:.:-7*. 

jSuV; .^UB (i4.^.4..JPrio^.^;.prpdiei:e^\pro r^icibus 
SEquWienis jry^ jT»;^ +^2^'^— «i^^^+J^^ji' == o 
TxiAiaixkt illaiB xquatiotienr defiggitrecW^ttPKaben- 
'tem diii^ 'Afytnpttftos iieiSla^i - ^uardm'^(t]tlitfet?feabet 
cluo cri^ra: ad diverfas c)ti8 p^tjes jacco^^ ,&> if> jil^giu 

OppO&aS ProWpr^. .,■;,., ; ;:r{jii. 

y. Seriesdiije jr4- ~- -&cx-^~r^— — 

&C. i^icamduai AfytDtttoustio unamdiifle^^iUam 
haberedao (xura ad dim£ts<JQs pntes jaocpcut «S^ ia 
plagas cafilcm iofinitc pcogEcdicmia. Aikogne< ODd^ 
natx Alyaq>n>ti illi pa«aUefae>:({pet OrtJL^i Sfrop.^.) 
ccunt iiaitis tantoai dineafiiniis... Habei veracunra 
aliam AfymptotoaquxexaliaferiecUbitiir. t. ... 

G X ^ ^h»' 
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r» |rfV# ^f^ Qr^:)^y t^i ^-^^ 



XTJ. proboutione expofita eft maxifnc gene^ 
fftliffiil^nt & alis t»eth6dEqi»»^}di«rpWC^Id^ 
kn}8'i»f^AiemjiArynkptotds:»aasp(^aMflffl«fl 
omnes comprehendic ea'Ja«vCradbta,c;<^G^&l8*- 
rari poteft .Afymptotos>sre£ta at tangois ad 



ecnnam. 

£tto«e dt%inb»ac. :,Capiflla9 «^tioiUii.'.Flt)Xiot.& 
«rit yy — «f^ EJ )^* 'fid>4r* utnte * :'> :*! 'irH** 
:3**-f«j', hoceil, HG id GX: vel^XJEi iBH'A 3^ 
r~** ■ i^H**/» pto/ nibfiiMe * cjus vglprem, quum 
tft;;rinfinite magna,* em 2>£ : ^^:: 3jf*— '«* 
ejjt*.^ fTA-, & &iiicndo latitqttin iildtdaai i2i£i ^/f 
it jx^\-^x\ id eft, ia latianr Kqu(tIiiatiK> Datarigi- 
tor Afytifptntas SH' pofit^pa^. - -Rellit ijaifa.rm iiiv^ 
taiaiQT fn Ab&»ft& pm;t£taAt 2> pci qaod-^aaHik-Aif- 
mptotoi; Qgoniim iDoxaJbiifiiai efl ofli2}//^]i£/i/' 



.yelZ>.i 
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i=^rv~- ohyxqualaax. SubduaMir jiiai re^ 
ilLi DE cx AbfciGa x, & tcIUbit ^=*- l^TI^f! 

cll X iafinite aiagna. Et tnde datuc Afymptotos 7>H. 
Hic ndtandum eA, ^od ifi hoc ca)tu|o prxfuppomtuc 
ferierun do&ina ; i>rbpterea quodofwrtet invenire/ 
guandd x di infinit^ magua : boc i^n> ablque ferie 
unurerraliter obtineri netjuit. 

Alii^fiando non licet invcnire Afydi^otos reduceodo 
Ordinatam id ferietp. Ui G eflei aeguaCio ad lideani 

. ... tf**4-*A:'+c*'4+d!t+* ... „ 

qnara ordinis _/ = — ^,-,- -i-r-r^^— "« eft 

Abrciisa.^=x, Otdiai^ £C=_r. Reducator/in 

fcriem ~ + ^^-^— + ^c. Ex hlc ferie invenietur 

unica tantum Afymptotos FE ; reliqux enim Afy- 
i;^f^p^iuwpitndkIs.»iIUnoDprodcioitt piD. 
i^^iWiHoivi Rdilc«ido;yii?rettAbfci(niE ia foriem ck 
^^i9ifibu«Or4iflaUE.de{QCiid0iubus.toai^aa]; Od 
iwi^mboe 0Nd9i .Buetcniip Ordioatiim cvadcrc ia- 
£uiKt. «K^Rt, :ad«Qq0e.aurra: Afyoipiotoo, quaod^ 
flttiWiBC quiiiititts ^^+ffiK^+Ar+i: ev«Bc nihili: 
&iioc taracoideie 'pDte&,. proptsr J^ipmiana Cnbkic 
^l+^lt^+Av + ixsfl ,tros cadiott.: Mam fi-jEgut- 
«ottil iUiitt radidu: eomeB .fiot roaloa ' & iniquales, ee 
..; _, funio» 
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funto ^, M>^ AH & trra Ordinau: per pDn£biS> 
!Z>, ^ tratireuates cntht totidem Afyfflpwti.! iQ|iare 




in illo ^fo cvrra habet onniiio ^tuM AiVBptotos 
:& o£io crtra adjacentia ; uti ia Scfacinatc vklere efi^ 
■ Al fl ^oatioiiii iBitu.du3E radicei xquatei {int, ^x 
Afymptoti coibuat \ atque eme&unt crura quK prjus 
inter eas contcnu erant. Et iwva habdiii duas tan- 
tum Afymptotds eom iex owib^. Si xquiitionjtfHi^ 
pradiAc radioet omaes flpt dEqaqles, antcannidiiiB 
,iangifMrix, velcoibunt trcs Afyn^ti v^ 'dOicieT»- 
nelcen^ ai in atioqae cafb figant habcfait daas Afym- 
* ^ , ptotqi 
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fmi» reft recames; in (jtanm angulis oppolitii ja- 
«nt Hjrperholje oppoiiM adinlhr Hyperbolit Coniac. 
, In Afyniptoi6n reSarum iovcmione, oon fempcr 
necefle ha^bcnius ad ferjes recurrere. Nam aHumi po- 
tiln^sgiiatid univerfalis deGgnans omneficurrasgenerii 
alicujus, & inde fcricrum ope conflrui poteft Canon 
gsncialii >qui fufiiciat vad inTeationcfli -AfymptotAa 
JUmanuB. omnium.illiur onlinii. Ut fi «flet xijnatia 
a^l+i^ + Oii-^fS^+^v + fco ad Comfe- 
^nes, ubi tH.x Abfcilli, j- Ordinfia ; Suppono ^ 
«qtialeai liMic feriei- ax'^i+cir-' + Sc Ee deter- 
minando Coeffi(;ientes, uti jam ofienfum eil, invenie- 
liipeffi 4 radii lequationi» <*"■)- J8i-(-(re=o, ntidc 

dat,itur,ieri.,nefe---.2l±^ c^-^^+^ttf 
■ ia^+Sy iaA+U . 

Si jequauo fit ^' -f- Bxji^ + Ctr^ -(- 7)x^ ■\'Ey-\-Fxj 

.+ ffit' + "ft^ + Kx+-i-— o ad Lineas tenii ordinis, 

.cm ,«_ radix sequationis : .«*»' + &* + Ci + 2) =:o, 

,' .*"+* + C 

-,>^-i&nj:iS+c '"'"-' "" "" '= 

J-iyiif+W + EMh+Fb-lrm + K „ .. 

■ ..... 3^- + xA+C ~. *^°''"^«- 

predionibus fcnpel inventis, inveniFC iicet AfymptoUM 
-re£B)s haroib curvariini abfque recurfione ad fWies. £c 

notanduni eft qood « femper dat inclinationem Alym- 
^piotiad Abfciflam, h dat diltantiam inter principium 
' Abjciflx & puni^luro in quo Afymptotos caDdec) iecatj 

f i^eQiqv^.oflcndic ad guas Afymptotoa panes^^acent 
caruDi^ 



ft Z«>f«7i^0n$«i' Kilrtotiijttii. 

(Trutn fftiot. Hmt owtis cpt PropofitioM & €J«»CDi> 
rplUriit adm^» BlitDJftfta liiiit. ''.::.. 

PROF. VII. PRbBI.^, ",,:, 
jhvettire Numeruti^ & Plagfim irttrum Afyn^fii^ . 
ali^aam adjatentium, 

C4S- >■ Sicprimo ciuva, cnjiB AfymptMBt 
te&i 4P pw iaiaiiBi Abiuiifii, tntifieas, 
Abrcitni^A=«, & ipM«^»UeU ^(pn^ 

ji s 
ia.uSC=y. R^ducatiir^wferiem— -f ;-^ 



— ; + 2«:. eo citius coflyergcntero quo miqor 

-Cft X. Et « iadex ip- 
fiua X jemper erit s£- 
£rniativQ8, prpptere» 
quod qaum eft ^ infi- 
niteparva, Ordinata^ 
comcidit comAfym- 
ptioto, at per conje- 

^uens eA ip6dice ma- 
gaa. Jam fit x iqfijaite 

: parva, & evadet^ = — 

jGcaratc, ^i valor^ft 
inBu ite magnus £c a£r- 
mativus f quare curva 
habet crus bnum ^d 
eafdfm Afymptoti 4^D partes jacens cum Or- 
dinata BC, & in eafdefti cum Ordinat^ partes 
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iJmaTertu Ordims Neutonian*. si 
extenfiim. Mutari jam concipe fignum ipfius x, 
& eam etiamhum manere iofinite patvam > at- 
^ue fi n fit numeriis integer vel ftz&m cum 
DeDomlnatpre impare, Bgura habebitaliud crus 
ad aKis Afymptoti partes jacens, 2c in eafdem 
cam priori 'plagas extenfi]m,fi n eft numerus parj 
at in oppofiitas fi fit n impar vel fr^dus cum 
Denontinatore impare. St vero fit n fradia 
cum Denominatore pare, fignum ipfius x mu- 
tari nequit, at AfytnptotoS' habebit dfio crura 
ad eafdem ejus partes jacentia Sc in plagas op- 
pofitas fetpentia. 

Caf. X. Si AfymptotoB £t curva, numerug 
crurum dignofi:itur ex numero valorum Ordi* 
nat£e c6eaireium,cum abfciHa eft infinite magna. 

St atii fint fenerum cafus ahi itidem enint 
crurum cafusj at eorum plag£ & numenis fem- 
per inSidtitfcent. Q^E. I. 

€$ro&. ] . Si » fit numerus int^er Sc par Afym- 
ptbtos habet dubcrura ad diverfas ejus partes 
jatentia. & in plagas eafdem ^gredientia. 

Corolt. z. Si n nt Jntegerfit impar, vel frai9:u3 
cum impaiv^Denomiiiato^e, Afymptotos habet 
duo crura ad diverfas ejus partes jacentia & in 
plagas bppofitas protenfa. 

CoroU.'i. Si » flt fradus cum Denominatore 
pare Afymptotos habet duo crura ad eafdem 
ejus partes jacentia & in plagas oppofitas ier- 
pentia. 

CaroB. 4. Hinc etiam comparantur longitu- 

tjines Afymptot6n inter k. Unde cojftabit 

quafdain ad le iuvicem datam habere rationem, 

H j alia5 



f 8 Lima Teriii CrSnij NeutoniaNjB. 
alias vfro eile aliis infinite nujores vel mi- 
nores., 

CoroS.s. QaaravJs omoia crura cum Afympto- 
tis fuis tandem coincidere cenfenda iunt : ta* 
men indifianciis squalibus utcumjue magnis 
aliqua crura ad Arympcotosfaas aliis infinities 
propioquiora accedunc. 

PROP. Vlll. THEOR. 

717 Quatio >=« + ^>+f^+*''^'-HM*+A' 
JJO^ +£*'+&c defignat figuram habcn- 
tem doo tantum crura ia6nita «d ea£Aem vel 
oppofitas plagas progredientia prouc index dig- 
nitatis x in termino altiflimo Clt nomerus par 
vel impar. i 

Senfus Propoficionis eft, quod xquationes 

ji=za-^ix, / = fl+^j;+^*'+if', / = « + ^.tr + f;tr» 

+ t^x^ + ex* +/5;', Cfc. ubi indices terminorum 
altiHimorum funt numeri impares, defignant 
figuras habenies duo tantum crura infinita ad 
pppofitas plagas protenfa ; & quod aeqiiatioijes 
/ = li + ^jr + f^', ^ = fl + i^ + c*' + ir' + e;t«, 
f^a + ix + cx^ + Jx^+ex^-^rfx^+ixMiic.ahi 
terrainorum altifltmorum indices funt numeri 
pares, defignanc Figuras habentes duo tantum 
crnra infinita ad eandem plagam pergentia. 

Propofitio verojic demonfiratur, 

Coftcipe Abfcifiam x perpetuo augeri, & ii- 

mul ^gebiturOrdinata^; ut x tandem infinite 

{uagna, & erit etiam y infiaite magna } adeo- 

* que 



Linea Tertii Ordims Neutohiah£. f? 
qae figara habet crus infiDicum. Cum vero Or- 

dinata y eft infinite magna, pendet cjus fignum, 
hoc e(t, plaga cruris infiniti, ex figno termini 
altiflimi, quoniam in illo ca(ii is eft reliquis in- 
finite major. Evadat jam x negativa, id eR: fii- 
matut: Abf^ilTa ad alteras partes, S( ad illas par- 
tes infinitum augeatur ; atqueetiam augebitur 
y inin finitum ; unde curva habet crus aliud in- 
finitum. Si index termini altiflimi fit par, ejus 
fignum in utroque cafu idem eft, Gn impar in 
nnocafu erit amrmativus, in alcero negatiyus. 
Cum igitUr plaga crarum pendet ex figno ter- 
mini altiflimi, in primo cafi] pergent crura 
ad plagas eafdem, in iecundo ad oppofitas. 
QtE. D, 

Pendei itaque lota hujus demonftatJonis vis 
ex termino altiflfimo ; adeoque nihil refert quo- 
modo fefe habeant termini intermedii. Eodem 
resredit,t]trumaffirmentur velnegenturjutrum 
fint in xquatione vel non i nam demonftratio 
ab illis minime turbabitur. 

Scholion. 
'pRopofitionem hanc eo confitio prsmifi, nt 
^- peream facilior pateret aditus ad quafdam 
aequationum afie<3:iones ^ nemine quantum lcio 
hucufque fatis expofitas, at necefiarto intelli- 
gendas ab eo qui {equentem curvarum Enume- 
rationem aggreditur. Ufus verc Propofitionis 
Exemplis (equentibus ftatim apparebit in dig- 
Qofc^pdi^ ,<^eatit>us 5t imaginarils radicibu«3:qua- 
tiooum, idque vel calculoj vel defcribehclo cur- 
" ^' H z - - . -. yatii; 
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■tfo trfW«7W<« Ordww/ Neutonianje. 
vami (ed lc defcribehdo curvas cQnftmuntaF 
xquacionesi fatis quidem expedite; modo.qau 
hk methodo procedere aHuetus fit. Nain fi 
sequatio fit Cubica, fufiicicit inrei)ire quinque 
vel iex curvse pun(3:a -, fi Biquadratica, fufficic 
invenire odlo vel deccm. 

Exemphim Primum. 

Sn y=xx-^Jx~{-B jEquatio defignatis cur^ 
vam habentem duo crura ad ^aio^ai ptagas 
protenfa, cujus Abfcifia ^f =x, Drdinata 

A /, 




\ 


» ' i 


c • 






-■■ ■■ 



A B F ■ b - ■'-' 

■ B€=tf. jiB vel fecat curr^m in doobns pun- 
etis^D, E Fig. I.) vel itt' nollis {Fig:z.)'Sit 
, jam 
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'LiheaTertaOr^imjJ^EvroniATitM. ^^ 
jam y — o, vel xx 4- -^x -J- S = Oy & ^uatioais 
iilius ra(|ices eranc ^ft & ^£ in ^ara i"", at 
in Figura 2''' fuQt ^maginarias.. Vides igitur 
■qiiody incafijprimo, exilteote Abfcifsa minore 
!minim'S radice ^D vel majore maximi ^J?> 
Ordinata correfpoderis erit aflirm£mva : atque 
prdinata inter pun(a;a D Sf. E eretta eft nega- 
tiya. Hxc autem omnia vera ftint ex hypothBli 
quod terminus altiffimus xx fic affirnlativus. 
^^itur BjE fiihflimices in quibUs^Ordinata y 
nec aSrmatar neque negatDr fed nnlta eft, hdc 
eft in quibus quantitas 9(x-\-Ax-{^B Yiec ^rma- 
tar tieqile negatar, fed nihil cft. Et Ordinitte 
^unifiis £>, £prostme $C ad diverfis eorum paf- 
tts jActateSj' G^Oia. catAt&vta fmpte habcbunt. 
ih cafa fecundo quaAdo Abfci^ niiiume ^cat 
Carvam, Ordinatse ottvnes ejufdem funt fig^i 
tendentes ad(fla^£m't!ruFum. 

Sapponamus jam effe aliam carvam eandem 
AbfcifTam ,^fl hSbeiiteih : Orditlatam vero quae 
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^i £,«»« Tff/M<?rdK(M/ Neutoniahje. 
reales aut ima^iaarue ehint prout affirmatur aut 
negatur termmas ille xx. 

In cafu fecundo ubi Ablcifla non fecat cur- 
vam, Ordinats omnes hnjus nov£ curvs rea- 
les quidem erunt quando afikmatur xx, fed 
omnes prorfus imaginarix qnando negatur 
idem terminus. 

Sit /G ordinata maxima (Figi.) incer^ua- 
0:AD,EeTe£tAf atinFig. i. omninm mimma, 

& in illo cafu erit r = o, vel ixx-^jfx—Of 
nude Jf = — i^= jfF: quem valorem in a^qua- 
tione pro x fubftitue,&invenies/=i?— i^^=^- 
£t patet quod Abfci0a fecat vel non ^at cur- 
vam prout Ordioata illa FG tendit ad contrarias 
vel eaHlem plagas cnm cruriboa > hoc eft, aequa- 
tionis xx-\-jix-\-B — o tzdicci funi polHbiles 
quando 3$rmatur qua^ticas \AA-~:Bf gc im- 
poHibiles quando negatur eadem. 

Exemplum Secmdam, 

SIT asquatio/^ar^-i-^sr^+^^+C-defignans 
curvam habentem duo crura in plagas op- 
pofitasprotenfa,cujusAbfciira^2f=^:v,Ordinata 
SC=y. AB vel fecat curvam in tribus punftis 
{ Ttg. 1.) vel in unii (/— ) x^ 

+ ^ + 5r+ C= o is radices 

erunt AQ^ AE 5c ^ :s omnes 

fint reales nt in Fi„ cifsd mi- 

nore radice medi4 AE 2c majore minimfl AT>, 
vel majore maxim^ AF, ordinat® valor relpe- 
^ivw erit alfirmatirus -, 2c orclinatas ad alta 
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UtugTertii Ordinii Neutoi^ian^. tf} 




cK 



n,gn,-PrihyGt)0^lt' 



tf;4^ Linnt Tertii Ordinis N-E u.to k i a n ^ 
qusevis pan^ta ere<^a erunt negativxl Nega- 
tiv£ enim & affirmativae evadunt Ordinatse 
lemper per vices. Jam fit alia curva cujas Or- 
dinata pofCbilis 6t, quando y eft affirmativa, 
impoffibilis vero quando negativa ; £t Ordinaca 
illa nova fubibic vicesomnes poffibiiitatis, quas 
fiibit y mutationis figriorom + & ~ : icilicet 
tres Ordinat£ ad puntfia D, B, F ereds tan- 
gentcurvam & punifla contacfluseruntlimites 
in quibus jkincipit vel definit efle. EtfiOrdi- 
nats affirmativs tendant ad eandem plagam 
cum Ordinata BC, intra limites D j £continebi- 
tur curva partem figurac conftituens: jacebit 
vero alcera pars figurx adeafdem partespunAi 
F cum BC: & femper progredietnr in iofini- 
tum abi^verfiisf, quoniam unicus illi tantum 
adeft limes. In cafu*altero, ubi Abfciffa fecat 
curvam in unico pundlo {Fi^- 2.3.) Si *' terminaa 
altiffimus affirmatur, ordinaca; omnis negativas 
aut affirmativ£ erunt, prout jacenc ad partes 
pun(^i D eafdem vel contrarias iis ad quas jacec 
X £t omnia qu£ de primo cafii diifia func, ad 
faunc cafum mutacis mutandis facile accomo- 
dantur. 

Methodas determnaadi J^euiicet reolet SS imagi^ 
nariat jEquatioms Cabiot. 

"pOne/^o, 5t eric j*'-|-2^^+.^=o; cu- 
-l jus aequationis radices reales in F^. i™ & 
a^^j^ilicet ./iG, ^^, at impoffibiles in Fig. 3"'". 
Igitur fi jequationes j*' + 2,-4T-i-if=Q radices 
s . fint 



ogk 



fint jmpoffibiles, id eft, (per Extmp.j.) Si 
i^A—\B\d l^/t—Sfx negativa quantitas, 
aquationis jj' + A" + *r + C radices iax erunt 
imaginariE. _At fi aqoationis ix^-^-iA + Bti- 
dices fint reales 4it io: Fi^. i, a. ^uationis 
«>+At'-\-Bx+c radices oaines funt reaks ubi 
Ordinatz Gff, KJ. cbntraria habent figpa, 
Fig. I. et.-imagiHarias quando eadem habet 
Ftg.i. Voaet)p=A4—it,myaiKiGH—C 

+ ~ , LK- C+ ^^ . 

Et hifce valoribu! iemel inventis, fkcile eft in- 
Teniiequsradicesrealesfunt, qosnon. 

Exn^lim, Terthm. 

SIT jam y=>i^.+ Ai> + afZ>x.JrE xqm- 
tio defignans Liieam habeiitem doo 
crura infinita ad eafdem pbgas. protenra. Pone 
•»' +**' +Cx' + Z)x+E=o;hu]m zquationis 
radices qoatuor (Fig. x.) funt ^4 np, flf, ^», 
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at>ini^.s,3)f, dusB radiocs impoffibile^ & in 

i%. 4,tf. omaesniiitiinpoi&biles. Voney=o, 
& erit 4*' + j^*'4-^-*^+2)=o, cujus xqaa- 
tionis tres radices [^ig- ly ^i h 4-) 'unt /(^ 
J^, /Q^ : at in Fig. s, 6. squatio illa unicam 
tantani habec radicem J{E. In primo cafu (Fig-t) 
£ Ordinacarum EFfiH^^Kj, dux funt negativ^e, 
& tertia aflKrmativa, squatio x*-\-Bx^ + Cx* 
+ 2il*£=!o habet quatuor radices poffibiles. 
Siocdlnatarum du£fiat affirmativx & tertiane- 
gativa ( i%. 2. ) vel li omnes tres lint ne^ativc 
{Fig.i.) ffiquatio noa habec nifi daas radices 
rcales ': . Si . ordi " it affirmativse 

{Ftg.^) radiccs ipoffibiles. 

In fecuado cal onis 4«' + 3^* 

+ 2Cc+Z) = o r poffibilis {Fig. 

Si6.) li ordiaat a {Ftg.j.) ra- 

dicesdux eraat reales taatum: at liqrdinattt 
illa fit affirmativa {Ftg.6.) omaes radices erunt 
imaginaris. Bi fant Cafus iEquationis Biqua- 
draticx. 

Unde inveniri potefl: Canon generalis pro- 
dignofcendis radicibus realibus St imaginariis 
aequationum Biquadraticaram,uc mExmpUipri- 
me & feettndo fecimus pro xquationibus Qua- 
draticis Sc Cubicis. Hoc vero prolixum admo- 
dam requtrit caiculam. Sufficiat quod nbvimus 
qaomodo tra(^anda eft a^uatio pareicularis, 
ubi cakulus non eric adeo laboriofas. Eadem 
methodus ad omaes sqaationes extendi^r. Si 
fit nora curva ordinatam habent realem quando 
1 3 ^ hujtiK 

n,gn,-Prihy'Gt)0^lt' 



hujus curv^ ordinata ell negativa ; vices omna 
polItiiHiittes & impJBbilitatis iaciUiitielnhoto^ 
lcQritper ie^ q^am diximfjs in £xffn^/^ daahif 
prmis;'' \ ■■ " ■ , ' ' -^ _ ■ ■ 

E'^ hi^ Esemplis litis appjrethumiwu.ni r4- 
'dieum'ltiipofiibilmii)/f^per elTe par^m. * Iteu^ 
(eqiihiir,' qiidd fl litiEqnatiq*'^it*— ''iCe''"? 

waEC. qaaotita&iiegativavxquatio Ubadmiiu^ 
mam.habBhit duaa.iiadicc]s.imap,tnagria$, i-Caat 



Ec Aciendp reaaw ^rare.cu:ca, pm^tiua ali" 
quod idiMeuni idteceJF^rabol^sqtHsiabk 
FropoCitigne deiccipfimutk habebitiuart oauei 
cafus : alicujus asquationia radicum. po^ikst 
hoc.eft, omhea formse cw»»* um quas asqoatio 
gennalffde&gaat: 8t iftde enuraerantuc Linea> 
rvm Ipecies,. fiqaideai fpeciea curvarum noa 
tam a^ !<))•"'''> iotimi.natora, quara^ fornu 
pcBiiaervohinws. 
^ Pro- 
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• Pcopoficioaes qaxfeqauDturcontiaentcon- 
fimiles aliqdot curvanim Rittcrnafhim-proprie- 
tatf^abaeqaatioDum naturaimmediate Quentes. 

^ PROP. IX JPROBL. 

hanfmre mtmertm.^Bfirtm fufi defermman$ fA- 

LlnMqiaEm-de^rabi po^per>t6t pun^ 
quot fant Gxifiicientes ia^equatione ge- 
neralilBmi eam definiente & non plura ; ut con- 
ftu ex methodo P,.^^a{ti univerfali defcri- 
bendi curvas per data' totidem pun<fia quot eas 
determiiiant: 'Ciiju& jpecimen <kdit in fet^ibnt- 
^t^s (^ooicis z^f^^i^ fHa; I^oblefnat* f 4,,^ 7. 
B^ha^teniua^l^atum^efl^qw^^xijS^Gen aor 

inei'o dimenlionum curvs, ?rit —^^ numcf 

inl&<kiefficieDCium'iA seauatione gencralilfimi 
Lineas omnes alicujus ordiois de6mente -, Sc pn>- 

itydectaam eirit -^^^li? nuriieras punaorum 

determinaitttam carvam ai}us dimienfio eft n^ '■ 
Itaque re£ta decerminator ck duobus pun» 

AOf fedtio Coni ex qainque ; Linea tertii Or- 

dmis ex novem,. Linea qaacti ex quartuorde- 

cem. BtBcporro. - 

Chrail. I. £x datonqtncro pttn(!!tonim j^ter- 

minaotium dabicur dimeii&o curv^. Sit enim 
' _^ «punii 



7D Zmm 7«itttfn£lu/ NEuToHiANi: 
*» punaorum nuqimts, & :?fjt (b= — ' — • 



Unde & viciffim invpoies » = — X_^lL?, 
Ut fieffet ra = 2o, invemes«=j'. 

CoroU. 1. JEx Mc Propofitioae invenics nu- 
inerum pmitflorum qu£ determiaanc Lineam 
aliquam parcicularem, ii polfibile fit, funt entm 
^asdam Liokc quas nuUos puniSnmm nume- 
rus determinftt. ; 



' ^eemphi- 



1* ^^Tj=ax.:^b±^cx-\'d»i\\i&iio-^rtsr2.^ 
• . O limma ad Parabolam Gonicam;;. qmim 
igitur (^aCuor tantum fiibt Coefficienteff,-4*ara- 
bola determinatur ex quatuor pun(^i$, Qgar 
tuor pundla non fufficiant ad determinandam 
Hyperbolam aut EUipfia.fed.quinqiie^mia 
Tunt. _ . ^i 

2. Item fetflio Coni cujus datur Diameter, 
& angulus Ordinatarum, determinatur eit tri- 
003 puntfiis, Parabola eic duobus ; duo non 
fafficionc ad decerminandnn HypedsoUm aut 
EUipfio, fed tria nimia funt. 

3. Hyperbola Conica, dac^ poficione ejns 
Afyoiptoco, determinatur ex quacuor punAis. 

4. Parabola Conica, dacipoficioneejusaxe^ 
decejininacur ex tribus puni^is. 

j ^ f.Vat»r 
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^fUMTirtii Or£mt Neutokiam^. 71 

: f, ^Earabolae <^iDque dhergttUefj dac^ plag^ 

cSrtmim, detenmiuiitur ex fex puaftis » Fara- 

bola Cartefii G:t quinquei Parabola Cabica ex 

quataor. 

PROP. X. THEOR. 

Dacatttur dam reStt paraBela fecantes etirvam in 
tat ptttiSu qtiat ipfa efi dimetijiontim; reBa qus 
ita fecat bas paralUlas atf famma partium ex uno 
ejiu lattre confijientium 3 ad curvam terminata- 
ram aquetar fumma partium ex altero ejus la' 
tere conjifienttum ad curvam itidem terminata- 
TtMj ita etiam feca&it emnes reUas bifce pa- 
ra3elM. 

SVT cnim Curr^ aficujas Abicifla AB=x^ 
prdinata BC^^y, iBquationis relationem 
ijQter X iny definientis terminu» fecundus fk 

ax-{-it}ty'~' : fume in re^. ^5, v/f =— r & 

— * 
Qrdinata^parallelam4£=. — junge JSFi fi 



Namfity +fl*+6xj'-' + &c.== osBqiratJo 
exprimeas relationem inte x^y. Prodi^tur 
CB fecans /■£inZ)& fitabfciffa nova£Z)=^, 
, Or-4 
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Pr4inau nov* BC=v. foiMta jtti-.^EB:: 
jI:i, ideit<t:;^::vl:<i>lUldaxsr:j<l. fAi^E 




—h-l b 

::fB:tT>i Wl -j-:— :tv4't+ — :aD 7> 

nnde ( per Thfeor. tx. Neutbm ) y^ v*—a!^u2 
xi^' &c. jr-'=v'-'&c. Hofce valores fub- 
ftittie io seqa^ione y' -^aa: -f-Aicjr^-* 4-dic. — O^ 
& yidebii t^"' f vanelcere, id eft a^uationister- 
hiirtpni fecundbm deefle : igitur' 'Valores ipfps 
* erunt partim negativi &.partim aiErmativi, 
& rumma affirmativorum asquabitur fumraas n&- 
g4tt.Yorum : -vel, ^uod peruide eft^ adqoaatur 
^mmx Ordiastafum ex AbfciSalad eyrvmn.ia 
e»&am partes exteularam. j Q. B. D. 
y ' Re- 



hyGt)0^lc 



(ftW/ NEtJtONIAHi. 7i 

I ^ecat ordinatas appeiretnr 
P ,, 

»3;4$ daas parallelas (taatea 
Li rdiiii^. in (i[aobtis puiiAis, re* 

&• t, bi{ecabkt omnes iljiis pa^al- 

lelas, Adeoquea^uatio W=4x'4i;r4-« defig- 
iut onbies Lioeas recnndi ordinis. 

Xeref. z Ouc redas dtias quafvispatralleja^ 
fecantes Lineaib tertii ordinis in tribus pdndis; 
reda qus ita fecat has parallelas, Qt fbmma 
daardm parttatti ex uno ejus latere confiften- 
tiumf & ad curvam terminatartim^ sequetiir 
parti tertise eic altero cjus latere confiftenti, fls 
ad curvam terminata^ lU etiam iecabit omnes 
re&as hifcx parallelas^ 

CvtS. 3. Duc re- 
Aam ©/■. fecantem 
Lineam fecandior- 
diois in duobus pud- 
£tis J9, Ej elufqaei 
doas Afymptotos in 
aliis dnobus X>,A,Di- 
co partes illius re- 
&x interceptas in- 

k 



, mptotis ad ^iftamiain infini; 
K ' tam^ 
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74 Limtt Tertii Ordimt V 
tataij coeupt in illocafii 
adeoque biametgr Gifecit 
ptocis tennjnatas in diftani 
Aattfirapi reds in'6mdt d 
hofc «ft, iibique Jt)'^ AK 

i£(i^Fif:;ii.E.;t).; ;-■''. ^^^ . -...;, 

<S»'flSr4.-Duc r^Aim 'i^H feanteni Lipeam 



terjtijjOrdinU ;in'tfibnspun<Jis £ii),'Jft'uts 
.ii....;;.;-^A,:._-j..L.:-.:..i.t^i|j,^ii^-^^;^^^ 



tt^' qusiAfyWpifoto? io' I 



j;riiiniji ?:; ./ 




;.i,l i 
.1.1 1:: 


;i .. j! iiji a:;ii[j i ij'J'' 
r J fniM-/7n Mlljil.!jfj 


:•, ,.l'.vi;% 


. ; ;-,jW,! 


.11(5.. 


•;"jnaio 3i.'-> 


^K^. 




'. iLnrj: 1 nibVi:.'* !iS 
, =/>.icV Buhf! ^aiJi 
/ , r ~"t— ii««^i 




\ 


^ 




'■' ■ ■ _„--^ 


A 


7 


. .: ,,;Ui[un!l!KCl:..;i 




'i 


r 


- ■■ -i.'^!i^:;'ii. ( -o 



Dico FEj GH partcs i 
Afymptotos & crura i 
1 ptctis ad carvam in < 
xquari parti tertix CD ii 
$c ejas crus incercepta 
curvam in oppolitas pl, 
enim^iameter AB qua 
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ZS«tf«'7ffJH Ori^BU NEUTONIAMi. 7i 

ijiiilifi- 
:rupbus, 
&Dia- 

?rfal(tec 
srgijde-, 

'D-r,SC 

fde.cur- 



«ii ^^/«linf,^ ScilBliaH. : ; 1 ' ■. V .1 )ni, ;, 
Q-i lon ^' i k .'!! li,;; ': r .- n ■ lJ-'r:n;T[ 

XJ AJ5P1 VifigmffS^ (^nlpriftravi: .eo9^«le- 

,,M> ^^»(f?f"S'f'lS9?t;Ki'PI°' fewflt/^, 
flinAnam ooinium {^au;q^b; fig^; {irqpfHl 
colleiflam. Coefficiens tertu terminieft fa(^um 
iilb lingali^(^^aj^r(dicijM|t, cpf jG^C|]5 quarti 
Inb fingulig tribus, quinti liibfingulis mutvor^ 
»>»! ii*lTi«Hit4m!> «Wtflailihiei^^^itir &- 
«*es%«»Mi»tllln- ftaAefiSiS». ad Wtiiirf fc|n- 
«iBSand^A"' . •'■■' '-^ ; •■■'•\ '';-f'^'!f 
i 'i.-OaeJMtbf ■quinbne ^rilleli-ftc^ntf3«.i- 
alea» («mAwt 11)tiineAs«Mhiis'in''ioi'pi]^)Sbis 
quot curva habet dimenfiones : SeifiiO CcrA^ 



l^ 2 ' in 
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74 Linea Tertii Ord' 
tah)> coeiipt in illo 
adeoque biameter I 
ptotis terminatas iti 

ftamrafn redae id'6i 
hofc eft, ubique At>-- 

■ tofoH: 4. Tkic rt^^" 
ter,cii,ordinis ,in tt 
ttes' ejns Afymplc 




Dico FE, GH jjgi 
Afymptotos & cri 
, ptotis ad carvam 
SEquari parti teitix 
2i ejas crus inten 
curvam in oppofit: 
eninnJiameter ^il 



'e^e7 ;^<i;.^A*L« T ;»«» 
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UiieiTtriS OnSUiiiEvrotdiLiix. jt 
4"Cia- 

?rja|jtcc 

rde.cur- 

i-i :-3/i;u',;:fi;,; ■ Scimlion. -. ; i !• ■..,■.; ,.i)!!i. ■•• 

'' fannnimefncierttem. termini fecimdi.clfi 



. , , . ™i» if9™S'f ■irai.WPI''' few*ltirfi*i, 
lumniilni omnium fjwljaiiiq^b <|ggi; {icqprNI, 
coUedtam. Coe£cieas tertu termini eft faftiim 
ihb fingul^<^aa^r(dicijM|B, ej)effiqe{is quarti 
{hb finguCs tribus, quinti lubungulis ouatuor^ 
8t>fie Wfli(IHi«4mr' '01fai;«Bfkihie;^itdr,fi- 
•■"-■■"' iMa- 



<ies<t1i«^^tatn' ftq6eWMjn. ad libhiihf b 
BaHandiA"- > ='"''■>'■' ; '•<- ''-'"f^»"-- 
i 'iV-0iM««W'qulii(pe^rMlel«-ftcifft^«ti- 
DlcaW (ttWWt f{lj>iiw>tSs«Minis'iii''ioJ!'^Ais 
quoc curva habet dimenliones : Se<^id'CbrfIca 
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74 t-inea Tertii Ordimj Nr ~ 
tain^ "coeupt in illocafii pl 
adeoqucf biamec^r Bifecit < 
ptocis terminatas in diftancii 
ftat^afn Vetfiae in'6miil difl 
hdfc«ft, bbique Jl>WJK\i 

S£faFf:ji.E.;t>.;. ;■"',>! ,,, .- ■ .-.x 

Ca'oH:^.'j:)iic re&im !^// feantcm Lipeatn 
ter^tiij ordinis ;in tfibus pun^tis. ^i),'?^^^ .uf « 
tit?' ejiis' Afymptbtoi m\tribui''ar^^Sjj^'^^^^ 




Dico FEy GH partcs « 
Afymptotos & crufa i 
1 ptotis ad curvam iu i 
asquari parti tertix CD \\ 
Qc ejas crus intercepta 
curvam in oppoiicas pl 
eninnJiameter ^B qua 
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iSriii TertS Or£nu N E u T o h i a h i. 7 j 
iiiifi: 

"pia- 
ifym- 
fltjrf 

Wjtet 
e.i:ar- 



iiiinmlni omnium^Wjaif^^Jjub ug|u; pcqDFiyt, 
coUedam. CoefficieDscetni terminieft fitdum 
ffab fingul^^uat^rfdicibw, cpf ffi^jeps quarti 
Inb fingulis tribus, quinti lub lingulis qi^uor^ 
ai'BS Itf&lWfMmr.TOWfcfimitteJl^itW fi-' 
(ite<ti«)i'»Hniitdta' £bq6efpiiir, aa Wiiitf tBn- 
BBSandiA"-. .. ■"" "'■^ ;'.'', ''-f«;^ 
. 'i'..CMeiaftf'qaintmefibi1Uliftc4mfi>I.i- 
^tm MWWt fiiiiiMeAs«Min!s'iiiW^^)%is 
quot curva liabet dimenfiones : SediO'CovfIca 
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in eai 
ftang 
pim i 

ictir' 

2. 

Tain< 
q«ot 
fertJi 
parall 
rubE 
inter 
ripris 
parall 

aQrm^ta, ajaqualia deprel^endaDtur iis quae pro- 
deuDt negativi i idem accidet in pmnibus reAis 
prioribus noyem parallelii. £t fic porro. 
' Has' Xines quxita^lecant paralle)'** 
gaatiict^rrarum' Cfiametri' (iit ita tf^ 
daitlinddQ coi^denil!'^lStnt. '^"^ 

«WMfottu D,Ei san»ic«Miir/>u;BC(iQKtl 
ilf§.AC,«CB. ■<<<,DC.CE «iflttWBU-iK.»! 

5«ji <irt«r r?ai«ijn( /^ DB: m^m» «iJ>L 
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tione /■-|-«jr-|-*y+f*'— ^^t^o dcGgnabi- 
Ur, in qul qaantias deteirminata non rept;. 
(^Dt, quoni^ principium AMcif^ eft in 
(M»»- Ut iDMniatar A£ fa jf = o, S ev»- 
P^COK ttniuni in 
quibut a reperitur, 
Mque erit «•— «ir=o, 
nnde in illo cafa eft 

«■a»-" =: ^, ergo JfB 

c 
cujas fignum mfitpiai; qnoMni paniita ^ 8 
jacent Sid pwfes (^q^iQi f ^gntfatiai, * eiiti 

X^x — —. Etmde jtC<tX=ix— — . Coa- 

ftat T^ro per naturam aBqaationqm, termiaum 
ultimd^ in quo radi^ lion repencur, e0e fa- 
auiii fob omnibBs radicibuj r hoc oft DCt^CE 
—c)^—dx, St hoc raaangulum eft ad ^faCB. 

dx 
=«*— — ut t ad nnitacem : ac Iervat4 red». 

' \ 

rum jiB, 1>E inqlinatioDe ad invicem, npn mn- 
Glhitnrxguanlitas,^, eisp neaiie^dtaii rtlio £i& 

Ex hdc propofitippe unqnam tqtidem Co- 
rqllaria fluuiit oranttiqn* ^adei^ Jblenfcau- 
thores de ie&ionum Conicarom Diametria, 
Ysrcicibuj, Uteribos is^u 2t BanijerfajAt»^ 
tipne coiitentorui^ fiib^paaliei«nuii'legmSatii. 
, - . PRO 



■'- AP-»,«»»/»«»a» A,B, Dj«« Fdmnmit 
aliu F, G, H : iamm aimrfuiM Ci Mtm^Hli 
AC<BC«DC a<i FC«GC,HC » ntm 
'UUi mado inm reSimm AD.^BCadJi tini 
vicem ittthiutio. ' jiji.;^, ■ :. u ,b,-i[i 

J>0'"'""Le3e Abfcifli^ <«:q:,, S t^tain 
^rum-fc^/:^ rC qiumiibec ambigue de- 
nare ordioatam ji : 4: curv^ hBJufmcuE Xfg»=. 
tione defignabitoi;/'+«* + ««;■■ -(-m' + A+5 
i>=¥i"-*.««+i»;ftWqiiarfiiitas'<lib'i)Qnre[&tiB 
«mr^irOptefea^asaiilitiniHabfciifeeftJflctfr^i.! 
S'tJKj=o, Mque,etU|*!— jj.t;j+jfj!==o,.^mloi!i 



F^ 



V jca 



-iff; n.-;i ^atyj^i^ !ia ■jni*-j(.?nt',:ii -^ •'' ■'^ r':'.'T 

,:f.|l-.I".!U rf.ni.:vn.. 'l inrmfi .^-,ji it s^Jf/fj 

^^^^^J^^mlJ-i^I^^^Sll^^aiSif^l^-^:^ 

n,gr,--prih.G00^lt: 
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- A%-^ 4 aim.%1» mutit6;' iwae €ft JC 



%BC*'l>C=x^—^'/^~:. Scd pcr nataram 

sqpatidnqm ea^^x/^iier.s/;^;!— ^;^.;^^ 
jifeoqfi& (bli'dum ^rHiTeft ad'p6ften.^|i. i^ opsas 
ad'/:'atferva!aindVnatiohe«(9tiam^ 
dabitar quantitas f^ ergo etiarfi SiSui ratio Iq? 

.iit^nc: tim&eite Goolle<^ntuE;e£-^x ti^adtdit 
D. I^eatottus de Linearum tetsiJQxdtiiiG^DiJim^ 
tris, Verticibas, Lateribus redis & tranfvernf^ 
ratione contentarum fub parallelarum iegmen- 
tis, afc^ie alia plurima ; ut eadem pl^ius often- 
dere neceiTariiim haud duxerim. y. -' 

Sufficiat bic obiter annota;:ef ouod hic me- 
thodo univerl^li^pipcedendo, Ipllicet argumen- 

tando k n^uris a^qiiatirtnnm^ |iatp(t; | , intnnii. ffv. 

lumlfeiaionatirConi^Jroprieutes^quas tanto la- 
bore adiaveneruiit veteres, & totambagibus de- 
monftratas dednnat, idque methodo quse ad 
alias curvas excendi nequit> ied atproprietates 
curv^momaium ordiaum fuperiorum.v 

Hilce pnemiffis, pei^erem ad Enumerauo- 
nem Linearum tertii ordinisi fed ob rei analo- 






AFQiiiim Urtii adim,ny^umfeciffeSi 
.ifsOintrUitnpHMktB^Xliiitti minfMtU 
altii F, G, H : harum cmcwfuip C flB»JfcB 
AC«BC«DC ad FC»GC««C ia mrM» 
datii nuda ieuir reSanm AD,FG<»rfj/» i*ii 
vicemittciiitatio^ ' ju i>'r .■ ■ '. ui .ij.-tri 

■pOnamus eQe Abfciflite yffrF*» 8t ^tSai 
■ itat»^f^Hy CG qiumlibet ambigae de- 
%aare ordinaumj' : it curv^hajurmadi asi|^ 
tione defignabitai; ,>■* + M + * x^' + M^^+Vjr + e 
i>=ifr<-^,t«+4j»;iBKqiiaiititai'(Iita'non'Tepfe^ 
«Bl?Jirbpte««ij«Wiilitim«'AbftiifeeftmcteVJ.' 
Sitjr=o, «que^erit^*;— j}»Jj+^».=o,.iifldei^ 




-liu; nori tf(i3:!Vfv bjj ■jnLilf.?np.'ii '-^ •■-' '■"■^ fr:'-"r 

<;g >•■ 'lut-' nri4|«M '■'5fti*!i'ii;i./VZ^'f* 
^i^:':::rCTi-:i;i:jr'a.4fp4flrmrg7n(TVIfyn:'^i 

,e''rIjr".!U «■rit^^in..'! rnnnf^i.y.^i L.Ci^»-)'t<. ril 

n,gri--,^rihyGt)0^lt' 



uff.%non» 



— V\^-^-^^cum.fig(»-mBtttd;^ ■OWfcift JC 



tris, Verticibos, Lateribns re&is & tranfverfis, 
ratione contentarum fub parallelarain fegnlen- 
tis, a^^e alia plurima ; ut eadem plehius often- 
dere nece0ariam haud duxerim. y].'' 

Sufficiat hic obiter annotajx^.^uod hk me- 
thodo uiiiver^^lilp^pcedendo, fciticet argumen- 
tando k n^uris gqoatirtnnm, pflt?f(;nntnnaffv. 
Ium"fedlionn'mConi4)roprietates,quas tanto !a- 
bore adinveneruoE veteres, & tdt^mbagibas de- 
monllratas dede(unt} idc|ue methodo qus ad 
aliascurVas extendi nequit i (ed&prDprietates 
curvanim omnium ordinum (uperiorum.^ . 

Hilce prsmiflis, percerem ad Enameratio- 
nem Linearum tertii ordinis ; ied ob rei analo- 



1 

f 
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:; &uimfratia Liiti«nmfect$t$ili 
. Ordims. 
PROP. Xlli. THEOR. 

' PMim^MtmrerarainfimfiadiluiifAhmptuu 
' TlSaijHtmtit. ^^ 

Ll^oet fere Jwc Propofitio « Eximph priiiu 
imSt Pnp. t. {edaigamnito magis di- 
siaAaficcyuEitur. 




^■gautar * n iii6iH(aAi, atdno ralorei ON 
*!«»> hmc indeaxiaaM etlani angebbntdr 
mMhmaiiii, qaare figura habetdoocrura in- 
I?!1!*cr'^"?' ^S""'" >!>«»*, hoc eft fiuu- 
to ^i® .d alteras pme,, & «j«atio erit 
!!«;/•-««■-*« +f, otopatet quod aogendo » 
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in iii6iiilni>i, etiain aagebitor y in infinieuni : 
nam terininas affiriiativBs 'x' erit omnibos re» 
liqnis maltomajor, modo x Rt admodumma- 
gna: qoare carva babet alia duo cnira, tiom- 
nino quatuor. 
Redocatuc^ in feriem bujarmodi conver- 

h ^ojic — hh . -, . 

geotem.r=±«v«±^^;±-§^y7 &c. Undc 

(per Prsp^ 6,) OrdinaU Afymptoti crit ±«V<< 

± -j- . igitur pro Arymptotis habet hxccurva 

duas redas ex Abfcifs^ hiuc inde xqualiter ja- 

centes. Nam fume jlD^-r- in Abfciisif 

per inititmi Abfcinx dilt ^M ordinatas paral- 

leladiyia^*'^^^ -^ ^Jj-aBqnales ^ « ad cpn- 

trarias pan^tiji partes fumpts i junge i)</, D}, 
(imnt ul& du£ AfV">P<^ti' Ideoque Figura 
habet qaatuor. crara Hyjicrbolica ad duas re^as 
jacentia. <i^E. D. 

CcrtB, I. Si-^ majtK fic ^acy crat» jacent in 
dnguIi9'£!D«, FDG ; lin minus jacent in angulis 
■hifce ^neeps : ot cDnftat>x CoraS. z. Prop. 6. 

Cwoll.%. HseCFigutra {per fflTfliK. i. Prop.4.) 
ejus Afymptotos non decullac, adeoque (per 
CoroU.2:Prop,x.) crufdquxin eodem aoguloja- 
cent, daau continto itmpier conjungantti;-.. 

h Cmd. 



Ar«iQl 3. Uade httc Fkon ieijsper cooSat 
ex Hyperbolifl daabas Intcri^is, m Aiyn^K» 
ton angulis c^ip^fiiis, jacencibus s & ptoinde 
anicam tantum fpeciem oonfticoit. Qgz cft 
Ipecies prima Linearom iecundi ordiots. 
' r«r«?.4. Si temtiiias 

M^ fit negativus, cur- 
va neqoic exctnrceFe iii 
infinitnm: ergo (per 
Pnp.i.) infereditiat 
conftat ex Qrali oni- 
c^. Qgx eft (pebieg Ce- 
cnada. Hoc CoroB»' 
rinm facillime coUigitor ex prim» 'Exemplo Scbi- 
iii Pr^M^itnu eSavm. . 

PROP. Xiy. THEORv. 
Sftiefitternumuiy.*,teqiuui0y*==*hx+cde^ftat 
^mrmm haiemttm Au Umumt enawit^mu^ ■Pard' 
. belica iit eandem ph^am extenfa. 





T)Atec eoiai qaod . aor 



jgendo Ablcidan x in 
infinican^ fimul aiigelMii»» 
tur ordinatsB y valbres, er- 
0o curya halxt duo crora 
uifinita, $ ine^pdem plo- 
gam , protet^ j qfonuMp 
exifteiite x iii$nite QUgna, 
ordinalia j .eft «4 inwite 
minor. (^od fi hiatecnr 

figtiDa) ipfiusx, aquapo^ad^t/=— ^*+c; 

poft^am ei^o eoufque augetur Xy uc fic bx =ci 
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enrraadUtas partcff alteriai pei^ere neqoitjqnia 
eritqaadrataaicnrdiiittK.Bq;axiTa'qQtiitiM^ & 
inde ordinata ipfa impoffibUu. Igitnr CQrva ha- 
faecdiKMantamcraro. Fe^ m«thoduin rerierom 

eft^=+VA*±^ +&C Unde (periV^.tf.) 

^bx eft Ordinata Afymptoti ad Abfciflam x per- 
tinens, quamqae hxc non fit ordinata red«, 
crara (Unt Parabolica, Q. E. D. 

CertB. Crara bujas curvas funt (ui generis fim- 
f^iffima. Hau figura conftltuit Lmearum (e- 
condi prdinis fpeciem tertiam i £t patet ead eile 
tres Coni {«ftiones. 

Enumeratto Unearum iertii 
Ordittis, 

PROP. XV. THEOR. 

Omius Linett tertii trdimtredmttiawr ad bor affuO' 
• tiuum cafu/ quatttOTt xy*~ey=ax' + bx»+cx 
4-d,xy = ax'+'>x*+cx + d,y'=ax'-f bx'+cx 
+ d, &y=;tt' + bl* + cx+d. 



71" * Qgatio a+^xv^^ia^+fz+f/xw+fjB' 
'yli -^-f^+S^Vb {perM.i. ?r«;..r.) 
comprehendit omncs Lineas Jecmdi ordinis: 
undc, fi probavero illam K^twtionem (cmper 
redaci'poflc ad unam quatuor diftarum ibrma- 
nim, conftabit Propoutio. . 4« 

L a CHf^ 
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ti LinitTtrtiiOriliir^ ivtoxiKti.xi 
de eam per ^4< « coefficieiiteai ipfiin v^} 2c eri t V* 



atqae ex> 




trahendo radicem p= '"'"""'"+» abi«elt 



ktasqaadratam partis Taloram ipfius v vinculo 
qaadratico inclul^. Sit.rfB=^, SBfordinata 
fccans curvam in duobus panais, adeoqoe re- 
aarum BD, BC qaamlibet ambigue reprefenr 
ttt aipdinata v. Id eft Kf=— ±j'5±f , * 
V . . BD 
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ZMftfTflff» 0ral!ifl»'NEUTOHlAHA. t^ 

BD=^'^--p. Haraiii differMtia CD 

=if. Bifeca CD in P, ot fit Df— ;, huicadde 

5B, & erit 5f— -j- x ^^— ,SP«e«orainat» 

iMiex bilecancis ocdinatas ad carvatn termirnt- 
taa: quasqae indajii praefenti eft Hyperixjla Co- 
Bica.&t ea iiyflufqne Afymptoti GEfiHiOfa- 
rnm hsc parallela eftordinatsDf, propterea 
qaod oi^dinata £f fecat Hyperbolam in nnico 
punAo Fi Sume AWcilTam iiovam GE=x, or- 
dinatam novam EC vel ED itque £C=Cf 

H-FE, E2)=CF—FE, v B Algebralco 

y—EFt BC. Unde in a le ad curvam 

i^ erit coefficiens iplios lonftat ex na- 

taca aeqpatipnis .Qaadraticae. Jam Gt t data 

^iiahtitas,8t exnatnrJHypetboIa: erit EF=—; 

' cigo — erit coifficiens ipfips y in aequationc 
cnrvam deGnieiite : atque exinde sequatio ne- 
celBrioiqduethaiKformam j;> — — =s(ui'+iix 

+c^ — velic"-r9!=««'+fct'+c«+./- C!^E.D. 
. Ttf/la.Qgodfidefitterminussi^, squatioeric 
hujuCnodi «•' = *2'+fs + «'x i+ck' +/a' +ja+ : 
& erit fif = -Li£?i- , que eli ordinat} P«- 
rabols 
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t€ £»tf« Tn^{}ndSite/ NS.&TONIAHJL; 
tH\>olx Copicx bifecantts ordinstas^ Si qaa^ido 
nbc^accidat, mucctur AbfciOa ^ ia Ordinatam 

»i :& «jtu^io •eric iif+«-Hi)[5*4-«'M'«*' 
=^'.+A+/: t{dle termi aum v } (perfw^it^. 
Pr(^. f.) & aequatio crit «a+ixi/^+e^+Vxt» 
=»«' + A +£ ; qU£ (pcr fii^ i.) convcnieur 
io haac xf—ty^ M* + c*+J,& baac foma conri- 
ncior inpriori >w'-f/=a*H^»f+fA+^. QeJ>. 
£;/; j. Si ^ddGac toroiini «•% i^, orit; iif 

' i»*+ca te+f . -,■.■• _ ,. 

= == —^ , qu« eft ordioata re^jb^ 

., , ■ fjs • ■■ 1 ■■ ■ j 

^cantis ordinata^^ In illo caiu lame abfciflam 
» in retfli ill^ bifccante & debitb initio compu^ 
tatam, St ordinatam j* priori v parallelapifv^ 
jEqaatio induet banc iormam:.JC^=a:f^'-t^ 
'+ fx + «', quae cohtinetur in pf iori. Q;_E. D/ ' 
ftf/ 4. Si definjt (;emiioi ««%j «»% ptft^lHt, 
iz'+fjB + </xw=#a'+/»»^z + i, quo io cafii 
ordinaca occonric^nrvaeiii aaicD tantum pQif- 
do. ToUe terminum / 2* ( per £«roiiC 4. pro}.p) 

<!t aeqnatio erit *«*+«+ ^xt»:=:/"^+^jB+i: 
1i3Bc a?quacio mittalido abilciflaiA i;^in ordinatam 
Pj convertetur (per Caf.i.) in hanc jcf — f/ 
5=cj+4', quaei^oittinentar in furmi xf'^^ 

■ ' taj. j. Si defint terrnini 31-*, '«li^, At^w, tit^e- 
i>it fw+^=«&'+/a=+^a+,$, -iibi .fi pfOj-f 

frib^.jfj & a(r----prp\iorietar >/*:**•+**? 

+ c* + ^. CLE.D. c«/: 
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UmtTtnii OrJimi NBirroniAKi.' if 
Cif t. Si dilint termini «f, iitfv, erit SS 

=-^ . quae eft ordinata Linez biframtit 

ordinatas CD > in illo cafii {iune AbrciOam x ia 
rea4 ilU bifecante, & ordinatam v priori paral- 
lelam, & prodibit//=««'+*«*-|-f«+r/ QiE. D. 

Caf,7. Sidelinttennini ««".«v^jia^o.fao, re- 
ftabit A = «'+/»" +f » + i, <px eft huius fbr- 
nMer=»' + »jr'+c»+«'. Qj^E.D. 

Redacnnmc ergo omnes LinoE lertii ordini» 
ad quatuor leqaentcs «qoationum cafiis, 

Xf* — ef"^ ■ — - 

'Zf='*'+f''+"'+d, M opponebat. 



PROP. XVI. THEOR. 

y£}ii«>a xy' — ey = ax*+bli'+ci + d i^^/^nKjf. 
, pM« haiMam Jix mn H^ftrioliai »i na 
Afymputit jmntis. 

Slt jtB~ii, tC=y. Inwhle9y= — t 
, . ■ ,, ':_ • !*■■) 

i^«'+.fct+c+j+_ ; ro4iKaiiH' {perTliD- 

«t. Hctum) pvfimtiondia ra Iwiem t — *i- 

■■:- ^ ,■-.,-- - :■: a*,„,, 

tK, eo atiw coBTOigcnMiiv qae minor eS>r| 

... at- 
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tS LmTertii Ordims Neutoniaha 
atque proveaient ordiiiat£ valores — [- — &c. 

&c. Valor hic altimus indicat carvam fe- 




care orctinataiii pcinnm} ptjta in G. Vidorf a- 

tem ille — H — &c. indicat (per toreIl.i. Prop.7.) 

prdii]atam.(M:i0k4m e^e AffmptotcMH ^cjiabMt^ 
dao crura ad diverfas ejus partes pofita, 2t ia 
plagas oppofitas teadentia. !l^vadat jam x ut- 
cunqoe magoia Sc aagebuntur Hmul ordinaitse va^ 
iores fine limite, quare curva habet alia duo 
.drura infiaiu. Mfi^tui; figmun ipfiuaXf&JEqiu- 
tio.evadet —X)^ — ey=:~ttX^-^bx*—cx-\-J, 
Tel-^f-^+cf^-w^r^ftnf^+Jx-^^iuiMpatetijuod 
etiam- 
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«CiMUHmi «ngtri poteft x ia infiaitoin & fimal 
4Rgebiistiir qrdiiiatc Tatores, nuDqnain enim 
«v«dfnt itnpo^ileiqaamabfcif^efi: fatii mtr 
gnn^ UndeFigqra faabcs aliadaoaara Hoay 
jDunofext 

I^edoGaQir jam ^ in ftriem eo cidas con* 
Tcrgentem qao major eft x, atqoe invenientf 

(«r fnj», <i.) figura ^gas AfymptotBS r»" 
^s^bAbTiiifii.lliw inije cqBatitn' jacenKtt 

na0 fy^=3 — , tt jfd, jlt |)iac ioiic seqoa- 
lc9 — , jorigf iPi^ fli ^mnt ito.doat Afym- 

ptoti. Ergo Figura lubet fex crara ad trga 
ATyinptotae redtas jaccntia. Q:.&p. 

Cvoll. I. Si dcfit termin&s M«, tres Aiym- 
ptoti, evanefcente triangulo Z)^, io noo eo- 
demqne pnn^o copveniunt. 

QtreS. 2, Si figpraOvalem coniugataA habeatf 
ea iemper continAur intra tnangulum Ddii 
nam fi confifteret esua^ duci poteratre^fe- 
cans curvam inquatuor pundis, quod fieri ne- 
quit. Iden) inteUige de Nodo, Cuipide 9i pan- 
&o conjugato. tJt enim Punfium eft OvaUl 
infinite parva, fic CuTpb eft Nodas infinitc 
parvus. • 

M CirA 
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ft) LineMTtrtii Ordimj Se\s r^^^i A»£i 
■ ^0ff.3.£i^ofiddit tenninas&i^,.hoc«ft,li 
Jtrei Afymptou inunoeodeizique pun^cODve- 
Binnt, Figura nunquamihabec Ovatem, Nodum 
CafpidemsucBin&umconjogacuih.: (]uia(>per 
C«roll.i,t.) evanefcit triangulum intra-qfKMl 
femp«r anififtitiOvaUs, Nodus,- Cofpis-vel [Hin-T 
&xim coDJugatum. . : . ', , 

CaraS. 4. Duc iMO bilecantem pd^ ia M 
item OP Afymptoto Dd parallelam 'iecantem 
curvam in P, Sitgue Abfciffa MO = ^ Ordi- 
:aata OP^i>i & eadem ratione, qud c;xiAaitc 
AB—x, BC=yy prodit xf~.ej^ax^\-bx'-\rcx 
•^J, prodibitetiam ztf—Eo^Jz^-^Bx^^z^f). 
Et fi ducatar (^iVi^.bifecans m iti N;'B: ^ 
AfymptotD Di parallela, curvam (ecans in ^ 
& fit N^=f, A.SLp '» 0'ietar ti^ —et = *r^+fo» 
-H-j^. Qui de hnce dubjtat utatur calcqlo. . 

fijTflJ. j-.' Unde fi a:qaationi3 ^'—e/ — ax^ 
■^ h^ -{■ cx -^- ti defit terminus ^jf *, in fequationi- 
bus daabiis retiquis deerunt tenrfini refpedtiyi 
Bz', $e.- Et contra, at conftat ex Coro^. 1. . 

0)roS:6. Si defit tenmnusfy, AbfcifTa ieft DJa- 
'iheter bifecans Ordinatas: Etcontra^ fi^^fit 
Diameter, deeft termiDU^ ey. Simile ihtellige 
de AWciffis /WO, iV^arumque Ordinatis., 

CaroS. 7. Si defit terminis ey^ Curva non de- 
cufifat Aiymptoton d^ i nam exiftente x infinite 

.parvaerit^ = ±V — , adeoque (pei? CwaJ/. 3. 

Prap.7-) crura jacerit ad eafdern Aiymptotii^ 
'partes& in plagas oppoficas feruntur: & inde 
(per GtreS.^. Pjop. 4. ) tria interfe^ionis punda 
^ abeunc 
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abeant iniafinitumi adeoque nuUuin r^bit 
putufituni in quo curva. decufiare potsft ejus 
Aiymptoton.. £t contra^ ii curva noadecoOet 
Afymptoton, deeft terminus ^ 5c Abfcifla :^8 
eft Dtaitieter, atque crura jacent. ad eafdem 
Afymptoti dS partes, in plagas oppoliua lata. 
Simile jntellige de Afymptocis dultbus. reliquis 
com.AbfciiEsM*^^ 

Carpll.X' Si fic hb — ^ae — j^ae^a, cnrva non 
decufTat Afymptoton 04^ adeoque (per CarpS.j.) 
W^ eft Diaflicter. Nam eft JB=Xy£C^yf 

BE=X)/a-\- — ; quod fi curva fecaret Afym- 

ptbton i)d, erit in tllo cafu BE=BCj id efl 

y = xVa -] — - , In asquatione pro y fubftitue 

. hunc valorem, & invenies*= rA — —- 1- 
, . ■ . lip —4/w — 44? V* 

= jfLy nbi LI^ eft Ordinata tranfiens per X 
pun^m interfe<aionts. Jam fit W— 4<if— 4«fV« 
= 0, vel** — 4*f=4«'fV«» & erit AL infinite 
magna, adeoque pun^nin interiedioriis nullibi 
erit. Similiter fi 5'fic puniaum inquocurva 
iecat A(ymptocon : /^J'^ & FH ordinata j ertc 

•Aff^iv^^^^ 4t7 , undefi fit W — 4«r= 

::uf£t Afymptpton DJ*, 

e terminus ty defit, ne** 
tf, curva nullamtiabe- 
M"a '■" bit 
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9« lim»T»ttiOftSiufl^ni3ro)iiiAnMi 
bic DunMtcrom, fia eortam aluratrtim ac(£idi% 
airva otiicain habebic Diametrain St crw, i 
mnittiqw. Setsikhini ebti» efi Ordioatad bi- 
ledatc^e alicui AfytttpcotD pftfftllelai, uteon- 
ftac per Cdnrerfuln Pr^4 f. ejufqile •&<Mm i (St 
Diametrua fempet-bifccait Ordiuacas ift A/ym- 
pctktis tnmiuatas, quia cbrva cducidit cttlll A- 
iymptotis ad diftantiam infidicam : adeoqM 
Diametrum n-anfire per interfei^ionem daMHm 
Arymptoton neceire eft. 

CoroS. I o. 1 gitur hsc curva Vel habet bitllam, 
nnam vel tres Diametros : duas eaim Iblas har 
bere nequit. 

CoroB. II. Curva quaa nullam habet Diame- 
truin, fecat tres ejus Arymptotos, fingulam id 
nnico puodio. 

CoreU. li. Curvaquse unicam faabet Diame- 
tmm decaSac duas Afympcotos, per quarum in* 
terle(3:ionem tranfit illa DianieCer: ac terciam 
aon leoftt. 

CotbB. 1 3. Cutva qtt» tres habec Dkmetros 
AfymptotoQ nuilam omnino iecabit, 

Caroll.14. Si M -r 4« — 4««^« fic qQantiCM 
aSrmativai Afymptotoa i)£ jkcec inter curvam^ 
& AUciflam i fin ne^tiva fit, curva jacet inter 
Afymptoton & AbfcilTam. £t fi M— 4«r-{*4jrVa 
fit affinnativa qoancitas, Afympcotot De jacec 
inter curvam Cr AbfciHam» fin b^ativa fit, 
curva jacet incer Afymptoton & AM^iHam. 
^ Csroil. I f. Si defit terminiu «y, id i^, fi jA 
fit Diameter, flcfiti^ — 4« qaantitaS affirma- 
tiva/cQfva concinec ATyniptotos Dd^ D^ in fnd 



fiAUt At fi qiiintitas iHi lit ne^tiva, Arym^ 
ptoci )AC<nt extnt crnfa adjacentia. 

CbroB. i6. Si figara faabet tres DianKtros, & 
fit ^ quantitas affirmacivaf cnira jacent extra 
Afyinptotos j fin minus intra. Corollaria haec 
cria ultima conftant ck CtttS. a* Pri^. i. 

CmtB. tr. Si a^nationis */ — y ==<*'+ ^ 
4-'^'+'^ termiwu <Mr> £t negativiu, ^gura ha- 
bebit doo tantam crora Hyperbolica ad ordinai 

tam primam jactntia. NitnCeries txVat^-j- 

«fScc. ek CQJas poffitHlttate pendent reli^ 
quatncH' cmra cnm carum AfympiotiH eric inl* 
poffibjlis. Conftat etiam hoc ContUanam oc 
Exmplo tertie ScbaUi Prep. 7. 

Notandum eft in hac Propoiitione eju(que 
CoroUariis per Diametrum- femper intellid 
Diametrum qua; bjlecat Ordinatos duarum o^ 
ttienfionuiii. 

Poftquamcomperiuseftnumeruscmrumati* 
cnjus curv£, ejus fbecies enumerantur deter- 
mmando qux crnra dut^ continuo conjangun- 
tnr i ut & delcribendo Ovales» Nodos, Cufpi^ 
des S( Punda conjugata fiqu£ fint. Hxcomnia 
ex Fropofitionibus prsecedentibus facillime per* 
ficiuntur. 

Emmurath Speeimm cnrvm ^uamA^mt «fuftf 

xy»_ey=:axJ4.b)c*4-cx+d. 

Hyperbol* ndvetfi (equantoi', /ex cfurlbu?, , 
ad tres reftu criangulum cftpieinte^ jacenybuk 
pr«diti i qojb DiaiAetro Jtd Ordinai^u duarnm 

di-' 

; 



94 iifflfte Ter/iiOr<fi(«/ NbutphTa»*; 
<limeiirionam deftitauntiur. V^t^BruinMm- 
meratioae NeutoDian^ Linearum tertii erdim- 
Si fequationis ^'— <y = <Mr*-f-^.*'+f;r + <i', 

cxtrabatar radix jj invenietur j- = — + 



I — ^- — r_T — X£_j patet ergo ordma- 

tam poffibilem eOe, qaando qnantitas »x* + b:fi 
f**+i/jr + |>f* vinculo quadracito inclufa eft 
affirmativa, & impoQibilem quando negativa : 
vices autem poffibilitatis & impoffibiiitacis in- 
notefcunt per Exemp. 3. Frop. %. de(cribend0 
Parabolam cnjus ablcifla eit » & ordinata «x* 

+ i4f»+f*>+</;r + i«. 

Sp'^" T k- - . ' 
Si squation: 
radices omnes . 
dem (igni £c in 
bus Hyperbolis 
bigeni. Nam 
nata inter puni 
ginaria, & real 
Jciflbpun^oin 
w-1,/'/, shaetao 
T,T,V: eteni 
fumma vel di£ 

Tcrfas vel e^fiiem Ab(cilfie part;es 'ezteodunnir. 
Unde pnn^a T, <r,1, f, (unt-limites poffibilitatts 
& impofllbilitatis, atque a^deo intra medios U- 
* mites TjTcontinetur Ov^Ii^. Crura vero qux 
jactfiit ad stngulum J) conjunguncur : quoniam 
■ ordi- 
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Ziiiex Tertti Ordims NfiuTpNiVi. 9? 
ordiaatainter p^ tt el-oaa oon occiirit curvae, 
Sed&crura qu£ jacent ad angulos £/,'<! etiam 
coDjunguntar i atiter eoim, £ neri poteft, con- 
juDgantur, & duci poteric te&a. per Ovalem (e- 
canscdrvam inquatuor pun(^is, quodfierine- 
dait. ' Ex fupradiftis abunde patet qqpd,criir^ 
lemper jadent ad tJiverias Afymptoti partess 
& qiiod Hyperbota'Cpnica bifecat ordinatas 
duarurn 'dimenfldnum'; ex quaruni conlidera- 
tjone neceflario fequitilr Hyperbolariim unam 
efle In^riptan], altecam , ^Qii^cnniifviptam, 6c 
tertiam Ambigenam'- Quac eft Specie^ prim^. 

■,ir: «yjWwf^H.; fije.-?,''*.' ■■■''' ■•" ' 

Si cx: radicibus db^ei maxi 
verdtj»minims^^/*i':<^'w Cj 
'Oyalis tangit ■Hyperbolam 
tangendo evadit Nodus, att 
dita ; adeoqae FigQra confl 
bptts Infcriptl,, NbdatS & j 
'Species fccnnda. ' ' ;* 

Species\\l. _ Fig. y, 6,. 

SiVadices treg maximE (j^. s.) vel cres mi- 
nims {j^. 6.) interfe2equentur,Nodus evadit 
-infinite parvus, id eft; Cufpis, & Figura con- 
ftat ex Hyperbolia tribus Infcript^, Cu^idatS 
■ 8t Ambigenl Qua: eft Species tertia. 

74otandum eft crura Hyperbolje Nodats 

remper fefTe verfus fe invicem convexai alicer 

enim dnci poterat retfia fecans curvam in-tiua- 

tuor puttdia. Idem ihtellige de Cafpidat^, Gm 

quidem 
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ft Untr Tfliii OrJims Nkhtohii«a 
qnidan tvfpit aibil *liuii eft qiwn N(x)i)» ««t 
gnite parf iM. 

SfmettV. fig.T. 
Si ^r^idicibiis dua? niedis squentar C;%.7.) 
Ovali;, qiwip (pccie primj $)btinel»t, evadit 
infinite parva, id eft, Fun^iini. £t Figura con- 
ftat ex Hyperbolis tribqs Infcriptd, Circuntp 
fcriptj S Ambigeni curar Fun(!io conjngato : 
<!^ eft Speciea qaarta. 

^ittV,Vl. /%. 7, •) 9> «o. 
Si & radicibus duie medix fint inipolSbites, & 
reUquae duse jnxqaales {4 ejuidem figni (nam 
/xiniiraria )iab^re nequeunt) impoiSbUe erit iti- ■ 
dem curvaifi habere Ovalew, Nodtun, Cofpi- 
dem aut f^B&wa conjagaturo> «deqqoe Fi- 
^ura erit para conftans ex Hyperbolis tribqa 
Tnfcripd, CircumfcripcS £c Ambigeni. Si h« 
]]vperlpol£ jaceant ad angoles tciangali Ddi, 
'iM' 7, i. ) Species eft qainta ; fin jace^nt ad 1»- 
tera ejufdem (^. 9, 1 o. ) Species eft fexta. 

%CK/ VII, VIII. /5|.ii,iz,i3,i4. 

Siindicibuidnxfint «cqwales, $c alterc dax 
Te! impoflibiles 0%. 11, (}.) T«l poSUlft (/{. 
12,14.) eum fignis qaa: ^ ugnis oqiuUam m- 
' dicum diverfa mnt, quataor crura in uno pus- 
60 conveniunt; fcUicet Hyperbolx qvve ia 
lj>eciebus qnint4 & fexti erant cireqmfcriptpe 
Sc ambigens nnnc conftitnaot Crppifprmciii. 
Adeoque Fignra conftat ez Inlcripia H Otvfi- 
Ibcmi. 

n,gn,-.rihyGt)0^lt' 



titlt^TtniiOrllimt Nbut6Ttiai9a; ^ 
jbrmi. Qiod 6 jaceat faifcripft ad asgnlam 
U-iangcUi Ddi {fk. i r^ ii.) Speciei eft fepcima. 
At fi jaceat ad Utoa (^.X3> I4>] SpeeiM cfll 
oOava. 

^ftfilX ^. if, ttf. 

Si radjces omoes fiot impoflibiles {fig.tS') 
Vel fi omnes finc reales i^. i tf . ) & earum diu^ 
negativxJinc & alteirs dux affirmatiT£e, Hyper- 
bolx qas in Ipeciebus feptiml & oiftar^ con- 
jun^ebantar & conftituebant Craciformen ab! 
ii;viceiit i^rum feperantur ; & F^ra cojiftat 
ex Hy,perbolis duabos Infcriptis in angol^ A-' 
fymptotni oppofitis jaccntibnsj cum AngtiiaeA 
circa certiam Afymptaton flex4 : (^jC eft Sp»* 
cies noiia. 

Si radicei doJB squ^ncur ^ diue religux etiaini 
aaquentvir^ ^gfixa, migrat in fe^ioiiem Conicaal 

cnmlinfcireaJk. Nam v^tf^-M^M-^^+^-H* 
erit<iuabtil8S rationaliSj 8C ittde ifcquatio xf—^ 
i #** + W^+i-jr + <* bipartiear Jn duas m^tid- 
ne«, ^atuiti ana dejignat Hyperbdiiitt CoAi* 
cam. atterft i^et^am. • ■ 
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ft Line»Tertii Ordms Neuto-hIak^;. 

Siasquacioius «jr^+i^^+cjir^+^jr +{?*■= o, ra»- 
dices ti%9 idem habeant fignum, dicp qtwtara 
diver(um habere non poGs. 
■ Defcribatur Farabola xquacjooe 2 = ■**•+**' 
cii^-^iix-^j^ defigoatai quoniam aeqaationii 




ax^-^-ix^^^^x^-^dx-if-^^o qaattior radices po- 
nubtdr reales, Abfcifla fecat curram in ijuatuor 
■puna:is:ca fanto^, 5, C^D. Jatnfifierrpoflit, 
Sd pfiAcipitlm Abfcifls inter pun&a >^, B adeo 
ut radix E/i lic negativa dc reliquse tres affirma- 
tivaErfit fFOrdinata primla ;'& exjftente *■=; o, 
'etkj—ye^EF: Scd E/^eft quantitas ncga- 
.tiva^ ergo etiam i<ri; qumti^as.neg^tiva^ quod 
^2l obftirdum.' Similiter oftendetur quod Prin- 
.cipj^<^bfciflx jacere noquit inter pun&a r,2>, 
91(99 iWordipatae ad Abfciflae partem CDerc- 
Gx (unt omnesnegativae. Igituc conftat pro- 
po^^bi^ i na^ fi cres radices eadein habent 
£gi^ & (^uarta divcrfum : principitun AbfeifliBe 
vei eric in^lpuni^a C, P vel .^,£, Sed cum 
faocfieriflequtt, t^qoe illud fierippt^lt 

IBQcjetnque modo oftenditur, quqd fi a^qua- 
.tioiW!a«*-4-^*? + f*° + <*+iff==o raidices dpae 
ifmc impoflibiles, j;diqux dijs Mcnp^aMB ba* 
bebunt. 

Ify- 
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f^erMm quaiuardecem cmH Jex crttribis^ tres 
■ \AJyti^totoj trian^him capientes jaeentibuty aw* 

eam oabentes Diametrum ad Ordinatas tkiaritot 

Mmenjiamtm. , 

Si defit tecmious ^ Figura faabet Diatnetiruin 
ad ordinataa duarum dimenfionum) icjlic^t Ab* 
(ciflam :, & ^quatio erit V' = «■*' + **' 4: ^*'-}*'^ 

Speciet X, XI. Ftg. 17. 

Si £quationis «*' + ^' -t-c^+^=o radices 
omn^ fiat reales ejufdem figni & inxquales, Fi- 
gnra conftat c% tribus Hyperbolis ad tres^ngu- 
los trianguli Dd^ jacentibus cum Ovali iiitf atri- 
angulam confiftemi. Nam fint tres radices^r, 
'jf\^Jt, &ernnt T,l,rlimites poffibilitatis & im: 
poffibilitatis {per Exemp. a. Prop. g. ) atque iiitra 
T,<contineturOvalis. Cmravero, quaeadeol- 
dem angulos trianguli DdS jacent conjtingi,eo- 
dem modo oftenditur, quo In fpecie primS. Si 
Afymptoti Dd., D^ jaceaDt intra crura {fig. 17- ) 
curva conftat ex cribus Hyperbolis, duabus In- 
fcriptis zddyi ^ circQmfcripti ad D : Qus eft 
Species dpc^a. , :' • > ^ 

Sin Afymptotos jaceant extra o-ura, Hgur^ 
coDft^t ex tribus Hyjwrbolis, Inlcriptji ad D, 
,& Ambigenis duabusad dyS: Qgap' eft^pcciei 
t^ndecimii. 

Species^^W. Fig.\%. 

Si radices duc maxinHB Jty J'] xquentttr, 

Ovalis tangic Hyperbolam Circumfcriptam, & 

tangendo evadic Nodus, at^ae HyperboR No- 

N 2 dan; 
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'^t lintM TertU OrtfyHs NEuTo-KtAM^. 

Siaquationis «**-H*'+cjr*+*i'jr+Jfr=:o, ra^ 
dices tres idem habeant %iiuni, dico qtureura 
diverrum babere non t>oi&. 
' Defcribatur Parabola aequatione «^imH^*' 
f^ + d> + ^ defignatai quoniam xqnationis 




M'+Jji;'+M»+4V+Jn?i=o qaatoor radioes po- 
nubtdr reales, Abfcifla fecat curvam in quatuor 
'puni^is:'ea funto ^, 5, C, D. JamfiBen poflit, 
'fie pfiAcipitim AbfciBse inter pun(%a j^, B adeo 
utradix E/i fit negativa & reliquse tres affirma- 
tivsB ;'fit £"FOrdinata prima ; '& exiftcnte *■ = o, 
'etky^yfe = EF: Sed E/^eft quantStas nega- 
tiva^ et^ etiam {^^ quwti^as ncg^tivat quod 
seit4>^urdum.' Sinaliter oftendetur quod Prin- 
.c^{i^.A>rciflx iacerQneqaii inter paiu^a C,D, 
Q^pgij^Q prdinatas ad AbfciHx partepi r/) ere- 
Ox fiint omnes'negativ£. Igitur conftat pro- 
po^tu^ i naqn fi tres radices eaden) ha^nt 
vga^j ^ quarta diverfiim : principiam Abfcifie 
yel ,^rit it^\panQ:a d P vel jtj3. Sed cnn 
faoc^erl^equit, neque illud geri pot^fjt. 
■ Epdeimque modo Qftendicar,,<ittad fi jequa- 
.tioij|(^.«**-|-^^i' + f*'+/*rf'|ff =0 ra^iccs dMa: 
finc impoifibiles, <diqns dii£ i^e^:) tigwill» ha- 
bebunt. 



i5wir*74rt« Or(tf»M NEUTOKiAHit. 99 
HyperhoUt qmtttordecm cwA fex erariias^ trei 
- jffyn^totiatrian^lumcapientej jatentibmjmi' 

cam iabentes Diametrum ad OrSnatas dtiartM 

tUmenfiomm., 

Si dcGt terminus «y Figura faabet piametrum 
ad ordinatas duarum dimenfionum, fcilic^t Ab- 
rci0am ; &^quatio erit V* = -*■*' + **' + ^^4'^ 

Speciei X, XI. Fig. 17. 

Si amuationis ax^-^-bx^-^-cx-^-d^o radices 
omnes nnt reales ejuidem figni & inxquales, Fi- 
gura conlbt e;x tribus Hyperbolisad tres-aoga- 
los trianguli Dd^ jacentibus cum Ovali intfatri- 
aimilam confiftenti. Nam fint tres radices Ar-y 
jf\, At, & ernnt T,1,<^limites poflibilicatis & im: 
po^bilitatis [per Exemp. 2. Prop. 8. ) atque intra 
r,«cootineturOvalis. Cruravero, quEadcoi^ 
dem angulos trianguii DdS jacent conjungi, eo- 
dem modo oltenditur, quo in fpecie priniS. Si . 
Aiympcoti £<^, Di^ jaceaat intracmra (^. 17.) 
curva conftat ex tribusHyp^rbolis, duabus In- 
lcriptis ad d^ ^ Sc circamrcriptil ad D : Qu£ eft 
Species dpcHQa. • , ■■> 

Sin Afj^inptotoa jaceaat extra orura, Figar^ 
conft^c extribus Hyperbolis, Infcriptji ad i>, 
jSc Ambigenis doabusad djS: Qq^ eft^peciei 
uodedma. 

Speciet^^W, Ftg.i%. 

Si radices due maxijiHS At^ A'] xquentor, 

Ovalis tangic Hyperbolam Circumfcnptam, & 

tangendo evadit Nodus, ac^ue HyperboA No- 

N z datti 



dac^ : £( Fiffura coaftat ex HyperboUs duabuv 
Infcripcis tdii, i cum ^odat^ ad D : Qs)S eft 
ligcgut decioia lecuQ^a- 

Speciu^SillL Rg-tf. 

Si radices tre$ xquentur) Nodus evadit Cu^ 
ipis, & curya conftat ez Hyperbolis duabus In- 
lcriptis ad J, i, & Curpidata ad D: Q^ eS 
Species decinu certia. - 



; Ovalis, 
at eradic 
^perbolis 
Ctrcan)- 
'vclcon^ 

i Specie$ 

,5>«<« xvr, xvii, xvni, ^iX- 

i%. »0, aj, I», »J.. " 

Si e]t*radicibu3 das fint impoifibiles, pura; 
faabebuntur tres HyperboIaE fine Ovali, Deculla- 
(iooei Ctt({)ide vel 5^niao conjugato. Etha- 
jus fpecies liint quacuor : ncmpe decjma fexea 
U^. ao. ) li Circumlcripca jaceant ad />, decima 
leptima {/^. ii.) fi Infcripca jaceat ad D; de- 
pima o^va (^, aa. ) fi circumfcripta jaceac 
•d iacos tci^nguli, 8c decima nona (;%. >]. ) fi 
Inlcrf^cajaceat ad lacus crianguli. 



Si r^dkes fiot 3^Q«l«s, &,teiti« efit tigoi dii 
verfi, qnataoc crura in AblcUs4 concurrunc. 
Et Figara confta&it ex InicripcS & Craciformi, 
Qgod fi Infcripta (7%. ij.) jaceat ad angulam 
tmiigali, Species eft vigeiima i (in jaceat In- 
fcripta C/^.24.} ad latus trianguli, Specieselt 
vigefima prima. 

. , ^eietXXlIjXXni. Fig,z£yZ7^ 

Si radices AH&fint imeqaalcfl & tertia eft iigni 
diver^ Crura ^atuorqax in rpeciebas duaba< 
noviflimis conjungebantur ab invicem iegrq^ 
gancur. £c Figura con Aabit ex Byperbolis dua- 
Dus Infcripcis, in angulis Afymptoton oppofitis. 
lacentibascamGQnchotdeincelrincdi^ SiCon- 
dhok {;%. 24. ) jaceat ad eaftlem Af^ptoti dtf 
parCQB ciuD triangulo Dti^, ^pecies eft vigefiml 
leciindaifiaiaceacaddiverf^B {y^.a^ ) Species 
eft vigefima tertia. Hi funt cafus omnes radi- 
cum aet^tionis #/ tt= 4*' + i jf" + cx 4- ^- 

HfpwMm MuaUtor tuntfix crur^tu ad tret Jfym* 
put9t trtmt^um faderttet jacentt^, quit trti 
babtnt Diamfitrot ad orthnatat duarum ditnttt^ 
JSanum. 

Si in xquatione ^*=tf4r'+^x»+c^+(/, -fit b^ 
=4«» Figara habcc tres Diametros ad ordina» 
tai duarum dimenfionDm : & crura eandem A- 
fymptoton adj»qentia ad eafdem ejus partes fcm- 
per in plaga» oppofitas protenfa jaceiit. ^un- 
quan^ 
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ioi LituieTtrtii Ofilmiy 'H^Eu^Tot^iA^A 
quam hxc ^ara decnflat Afymptotos, adeo- 
que iemper^nftat ex tribus Infcriptis Hyper- 
bolii. Sequitur {pcrCtniliy» Prop. i6.)- ■■'■ 

^eiesXXiy, ;%a8., l ■ ■ i 

Si«qaationi9«*'+ijr»+ — *4-^=;6 ( po^ 

H ■ ■ 

fito pro e ejus valore — ) radices tres fiatTeales; 

ejufdem fighi & inzquates, Figura cotritat ex 
Hyperbolts tribus Infcriptis cDin 'Ovahiisjtra 
trianguluin Ddi : Q^ eft Species >vige&iia 
quarta. rr : 

SpecietXXV. %a«. 

Si radices do^ minims fequentur, OvalisJjq 

pDndam evanefcet, acFigoraponftatex tribtu 

Hyperbolis Infcriptis cum Pan^to conjogatot 

Qu£ eft Species vigefima qointa. . ^ ■ 

^iuiet XXVI, XXVII. F%. a8, *?. . j 

. Si radtces dude imaginariie fint, Fi^^.cdik- 
ftat ex tribus Hyperbolis Infcriptis (meOvali 
vel pun(%o conjugato. Q^od fi nx Hyperbolz 
jaceant ad angulos trianguU Dd^ (y%*-t8<) jSpe- 
(ries eft vigefima fexta, fin jaceant (^. 29.) ad 
latera eju^em, Species eft vjgefima feptmi.a. 
Hi fiint omoes caiua radicum aequationis 0*^ 

+*-i2-! — *+«/=o; nam impoflibile eft duas 

ejus 
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loBeitTtrtiiOrt&msHtviTOiiikHs, lo) 
^pa; rad;ces maximas, ve! omo» incer Ce aeqaari. 
Iiiipoflibile itidem eft diias radiceS eGe ejufdeia 
%iii, £$c tertiam %ai ab iis diverli. 

fi^perhoU novem cum fex cruribus jacentihus ad tres 
jffymptotos ad ummpunBum convergentes. 

■ ■ Si aeqttationis;'*"/!' — fr=«AH-^A*-K*-W d&- 
,fit t^rmioB^ ^'li tr^s Afymptbti -(por Cor$B.i. 
Pxfi^f^ii*) ittisi/ao eodemque puni^o coave»- 
niunc. £t Anjmflicaiu {<pet CeriS. j. Pr^.iS.) 
Figura nunquam habec Ovalem, Nodum, Cu- 
ipracfti V«l Pun£tum conjagatuni : Species ejiis 
ergo omnes funt purse, 2e ex fiuris hai^enus 
.^tHtaur^tis iafiUiqie ejiumeraiifijr : •ut fequi- 

.W' ■-:yA ;.'■;. . ■ ' . 

., .y^t^gfi^i: Species quinta 5c fexta ia rifSOr 
iii^M^waavai% (yfe/ 30. ) 
'^:^vS'^'^P\rii'^^^ '° vigefimam nonam 

Notia m triceunMm {^.ii.) quando An- 
:gainea tranfit per centrum, & in tricefimam 
primam (y%. 3;a.) ubi noa tranfir per cen- 
:A\»tt ad.ti -'■■.■;_. 
-::::iiU&qaaxaor£p^ie3 Diametrum non habent. 

Verttttiuir fpecles decima fexta & decima 
oAava (^.34.) intricefimam fecundam. 

Species ^ 'decima feptima & decima nona 
(1%^ 3J. )' ia tricefiitiam terciam. 
^ \^ y ige^nia & v^efima prima (^. jtf , ) in tri- 
■.^efepJMn quartam. — 

.>-: V<^e^ma fecuqda (t vigefima tertia {^}7- ) 
,iu: ti^Kefimam qoiBtam. 

Et 
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S04 Um^TertiiOrtiiiuiNBtnouiAiHA 
. £t hxc qiwtuor Specita nnicam hftbmt Dite^ 
metrum. 

Ac deniqae vertitur Specie^ vigefima lexta 
& vigefima feptima (^. 38.) in tricefimam (c- 
bctam. Hasc Fi^tira habet tres Diaraetros. 

NulU htc onri potelt difficuhas, modo con- 
-fideremas Ipecierum (inguhirum duaram, in 
nnam hic coalefcentinm, diverfitatem antca 
debitam fiiiflc triaagulo ab Afymptotis com- 
t)rebeB(b, quodnuncianibilevamilt. 

tSyperhoU fex entn Aidm trurilm ad mmSsm 
jtfyf^mon jauntibm. 

■ SiawfBationw*^— ^-^tfx^+^^^+w+^^ter- 
minustfAr^ fit negativus, Figura {petCereB. 17« 
Frtf. f tf. ) bftb^t doo tant^ crnra ad onicam 
Afymptotonjacentia: a{h£ccrnra ^peri^M'. 
tx. Prop. 16.) ad diverfas Aiymptod partes in 
plagas oppofitas extenia jacebant. In illo caili 

erit y = -^ " ir~~ ""' 

conftat ordinatam y fore poifibilem iqaanda 
qoantitas —«*+*** +tjf*+dfc+ie»eft «ffimia- 
tiva, & impoflibileai quaado negativa. 

%«MXXXVn. %3j. 
Sisqaationi» «*«=:**»+#jr"+4tr+j« radJ- 
ccB omnesfifit reales & inKqoales, ea fanto jtP, 
^OT-, ^T, j4f> i erige ordinatas PT, wt, nH, /^ 9t 
eront T, r, 1, t limites j & iatra t,« continecar 
pvalis : adcoque Figora oonftat ex Ovali Ctttti 

Ao- 



iMMMTertifOri^itiBvroviiAisM, lof 
Angamea circa ATyiiipcoton fleii : ^Q^ eft 
Species cricefima (eptima. 

Speciet XXyin. Fig.40. 
S'i radices du£ mediae ^P, Jp xqnentar Ova- 
l» taugic Anguineam, & inde Fignra conftat 
CK HypecboU unica Nodata : Qu£ eft Species 
tricefima odava, 

^'£•41. . 

S i;ni fint sequales, No- 

dus Sc Figura conftac ex 

ani( ft Spec^s^ tri<%fima 

nona. 

^ecies XL- , F^. 4J. 

Si ^ racficibns ejiirdem ligni du« maximae 
,«qtieQmr; Ovalii quae in fpecie 37""> obtine- 
batjin puncftum minuecur : &Figura conftatex 
Pund;o cum AnguineS circa ordinatam primam 
flex^ : Qti£ eft Species quadragefima. 

Speciej XU, Xfcl. Fig. 4*, 43- 

Si h radicibus da« fint impoflibiles, maiiebit 
Angoines pura : C^od fi illa cranfic per (x» 
trom (j%. 43.) Speaeseftquadragefimaprima. 

At fi non tranfit per centrum {,fig-\z.) Spe- 
cies eft quadrageHma fecunda. 
Hyperbola Jeptem cum duobus cruri&as ad eandem 

jffymptoton extenj» cum Piamelro ad Ordinatas 
'■■ - i^timmdimenfiomm. 

Si defic terminud ey, Abfcifla eft Diaveter, 

Sx. {^ctCeroU,?. Pr$p.i6.) crura ad ealdefn 

O or- 



toS Lftu*Ttrtii Or£tiuVEijroKiAitM* 
ordin&t^ primx partes )acentia in phgu con- 
trarias in infinitum (errnnt. Invenietur y=± 

: adeoque omnes cafiis 

tequationis patefcuDt defcribendo Farabolam, 
xqaatione z= — ax^+i/x^-^cic^-^-Jx 4efit^Cam. 



iiit 
q ira 

o ta- 

tc cia. 

SpeciejXLiy. Fig. ^f. 

Si radices du£ lint inxquales, & ejufclem 
lignj, 2( tertia contrarii, Figura conftat ex Con- 
ciioide cum Ovali ad coacavitacem : Quie eft 
Species quadragelima quarta. 

. .^6««/ XlJ". Ftg. 4(f. 
Si i^dkes omnes (int ejnfdem figni, & du£ 
•minimje aequentur, Figur^. conftac ex Hyper- 
bola Noda^: Qus eft Species quadragefima 
qviinta; " 

Species XLVI. Fig. 47. 
Si tres radices £quentur, Nodas evadit Cu- 
rpis, & Figura evadit CiiTois Veterum : Qs^e eft 
Species.quadragefima fexta. 
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Species LXVII. Fig. 49. 

Si radices du£ maxhnsc zquentur dc tertia fit 
CjaCdem 6gni, Figura conftat ex Conchoide 
cmn Pnnao ad convexitiateni : Quac eft Specics 
quadragefima feptima. 

Si radices dux xquencar & tertia fit figni coq- 
trarii, Figura conttai ex Conchoide cum Pundo 
ad concavitatem (j%.49>) QgaseftSpeciesqua- 
dragelima o&ava. 

Species XLIX. Fig, 48, 49- 
Si radices dos fint impo(Ubiles> Figura con- 
ftat ex Conchoide fol4 : Qux eft Species qua- 
dragefima nona. 

PROP. XVII. THEOR. 



— : reducatur pars irratipoa- 

lis in feriem 3^ + ~ &c. eo citius convergen- 

(em quo minor eft x j atqiie onus ordin^ ra. 
O a ' l«r 



loS tiiuMTertiiOrdiaifHKVToiiiiitHA. 
lor erit — — &c. aUer ~ "l" ^ &Ct, valor ille 
prinlus iadicat ordinatjua^ prinuun fcGar^ .«ur- 

r J 
vam : & valor hic ultimus ~ H — &c.. , ( per 




inatam primam 

n duo crura ad 

plagas bppofitos 

itcunqae magna, 

Ordinata; y duo 

\ duo crura infi* 

ipfina X, boc eft, 

^iartes, terminus 

bse^ evadet negativus ; & inde augendo x ad 

iUas partes Ordinata tandem evadet imagi- 

naria. Igitnr curva habet quatuor tantum crura 

infinita. Reducatur y in feriem + •^hn ± — rr: 

&c. "^Unde (perPrf^.c.) ±V** eft Ordinata 
• Afym- 
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AfymptQti qtuB qaidetn eft Parabola Conica, 
axem habens ^B^ Latoft re&i^n ^ Jk verticeiii 
-4 Qs.E.D. 

C»r»B. X. Si teiltiinus^x fit affirmativos, Fa- 
rabola Conica jacetaatra crura hujus Figorx j 
fin negativus Farabola Conica Figurx crura ii] 
6aa juo compIet^itQr : ut conftat ex Garoll, z, 

€troB.2. FaraboU hiEC Coaica ounquam (e^ 
cat curvam ia pluribus paodisquamiaduobujt 
Occailrat ordinata ^r parabols B^ StetitBE 
— t-^x^ ideoqnc uh) Parabola ^at cqrvani 
£vadk jrT;=±Vm, coeuntibus pundtis Cf£: & 

yy^hXi ande *= y quem valorem pro x 

in sequatione fub&itue, 8t invcnietur y =_ 

ie±^/¥^-^J «..-■■ ro.- ■ 

■ ■— : pUDcia igitur interiectionis 



CoroL 4. Si 4C<i majus fit be\ Parabota non k- 
caCcurv>ni,quoniamsquatioy=' — — 

-paii^ inttriedionis determinans crit impofli- 

bilis. Nam quantitas vinculo (^dratiA) in- 

clu(a 
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iso LittiaTertii Oreiinh TflEuToKtAiiM. 
cluTa dt negativa. Ec in illo cafu crura Para- 
bol£ jaceiit iritra crura Figars. 

CareB. j, Si ^d asqalis fit be^^ Parabola tas- 
gic curvam. Nam uiit f, i^ pun^a rateirfe- 
i^ionia F(r,^/ordinata: ad AUcifTam f pofiunt 
h£ ofdinats ad diverlas vel eafUem Abiciflas 
partesjacere : & fi fit 4CiS(=de^ iftarum ire£):atuiii 
evaneKit differentia ; adeoque coeunc in.torr 
{eifiiQnis 'pun^, & ex iis coeuntibos 'Coi^- 
<ur punfl^im c^ntaAfls; ' !•'■ 

- CoraU:^. Si^ Parabola iecet curvam ia duobos 
pundiis, jacent hxc pun^ta ad eaiflcm Vet di- 
vei:*(as<Ab(cifie partes, prouc terminus w eft 
affimativua aut negativus: utex CofoUario^^tvako 
fadle cdlligitur. '■ ^" ■ '.. 

CoroB. 7' Si defit termLpiis ^, Abfcifla efl: 
•Diamerer, & curva non decullat Afyijiptbton 
^d, ied crura ad eafdem ejus partea in pdi^as 
oppofitas extenfa jacebunt. ' 



jlecundo. 

Emmeraio Specierum curva quam deji^tat aqaatio 

xy* — ey = * b);* + cx + d,, 

FigurJE feptem partim HyperbolicK, partim 
Farabusdicfe, fcilicetqmB habentdoacruraHy^ 
perUblica, 3t duo Farabolica. 



■n,gn,-PrihyGt)t)'^le 



. ^edii L. Fig. f o. 

Si SBqaztionhJ^x^+cx^+Jx-^lee^o extra* 
bantar radices tres jIP, A-w^ Att^ 6c ab earuin 
extremis erigantur Ordinatx totidem- PT, n-r, 
V), hae taogent curvam in pundis % t,\ qui 
funtlimites. Namfitreffradices fintomnesrea- 
les ejufdem figni & inaequales, crura Hyper- 
bolica St Parabolica ad eafdem Abfciflx partes 
pofits conjunguntur, Sc intra limites t,1, con- 
tinetur Ovalis : Qa<e eft Species quinquage- 
iima. 

^teeies LI. Fig. fi. 

Si h tritms radicibus ejufdem figni dus mi- 
nores inter fe asquentur, Ovalis accedet ad unam 
figurarum Hyperbolico-Parabolicarum Nodum 
tfficiens : Q^s eft Species quinquagefima prima. 

Spicitj LIL Fig. st. 
Si tres radices sequentur, Nodusmigrabit in 
Cufpidem } qa£ eft Species quinguagefima ie- 
cunda. 

SpeciejlAlL f%.f}. 

Si ^trtbus radicibusejafdem figni, dufe ma- 
jores JEquentur, Ovalis evanelcet in Funi^um 
conjagatum : Quje eft Species quinquagefima 
tertia. 

^eciejJAV. Ftg.shri- 
Si dux radices fint imaginariae : manebunt 
doje purs figuras: Qq« eft Species quinqBage- 
fima quarta. 

Spe- 



5i radices das feqaentnr, & tertia ^ figni 
tootrarii } F^ara evadit Crucifbrmis qox eft 
Species quinquageltma quinca. 

Spedet LVI. Fig, s6. 

Si radices dusB fint insqnales, & tertia eft 
ligni contrarii i Figuri conftac ex Angainea 
circa Ordinatam primam flexl, cum Faraboli: 
Qu^ eft Species quinquagefima (exta. 

Figurif quatMf Hyperboit-P^^staUce eum Dia- 
DiamePro Jbfiijti, 

^««jLVII. Fig.sr. 
Si asqoationis bx^+cx^^-ti-^o radices fint im- 
polllibiles, crura Parabolica junguntur cum Hy- 
perboiicis ad ea(dem Ablcilu: partes : Qus eft 
^ecies quinquagefima (epcima. 

^eewLVIIT. Fig.s%- 

S\ radices duse fint xqualee & ejufdem figni, 
Fi^ura evadic Cruciforniis : Qgas eft Species 
qumquagefima o(^va. 

Species LlX. F^. y 9. 

Si radices fint ejufddm. fi^ & insquales, 
Figura conftac ex Concboide.cum ParabqU ad 
eaulem partesOrdinatae prims: QtiseQiSpe- 
cies^quinquagefima nona. 

Spe- 



LineitTertiiOriiinis HEurovdAtts. ixj 
Specift LX. jHg. 6 6. 

Si radices fint figni diverfi, Conchois & Pa- 
rabola ad diverfsis ordiaatae prinix partes jaee- 
bunt : Qus eft Species lexagefima. 

PROP. XVIU. THEOR. 
A*</. Fig. 6 1, tf 2, & 3, «4. 

7r?Qgatio;r/»— ^-^^^w+^defignatFi- 
^/XZy gocamhabenKmlexcniraHyperbolica 
ad tres Afymptotos, quarum diue fant Abicifias 
paralleke, jacentia. 

Reducatur y in (eriem — 4 — 8tc eo citios 

convergentem,qaominoreftx: Unde(perr«r. 
3. Prfl/. 7. ) ordinaca prima eft Afymptotos ha- 
bens duo crura ad diverras ejus partes jacentia, & 
in plagas oppofitas progredientia. AblciHa x 
ad utraftiue p^rtes in infinitun) augeri poteft, & 
ordinata nunquam evadet impombilis. Redu- 
catur y in feriem eo citius convergentem qao 

major eft «, ±t/c-\- — ,~- &c. Unde (per 

Prop.6.) ±i/c eft ordlnata Afymptoti ad Ab- 
fciliam X pertinens. Sume igitur in ordinat^ 
prim^ duas redias hinc inde xquales V^, & re£ta; 
duCtx pec earum exireniitates Abfcifls paral- 
lelfe, erunt du£ Afymptoti. « 

P Cm-of. 
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CoroU. I. Si d^e</c fit quaotitas affirmativaj 
Afymptotos c^ jacet inter ejus crus & Ab- 
iciiTani ; fiu n^tiva cdntrarjum tccidic 

€aoii.%. CrQraadjaeentia Afyinptotosi^,^y 
feniper jacent ad divei^ earam partes : Nam 
n fignum AbfcilTs mutetur, quantitatis dt-\-e^c 
iigaum nautabicur. - < ' 

CoroU. j. Curva dod decbflat Afymptotos i^, 
Sy (per CoroU.6. Pr^, 4.) 
) CoroU. 4. Eodem modo oftenditur, qao in 
CinU. i, quod fi fit d~ e^f qaancia» affirma- 
civd, Arymptocos ^y yuxt iatericcDf & Ab- 

^iSbjKK 

Coroll.f. Ergo fi d.\-e)/c,d~eVc finl quaAcitateflr 

ejufdem iigni, Afymptoton dzy Sy extremita,tes 
nn^ ad eandem plagatM tendenttfs ^kenccxtra 

'<:fintfignicontrarii,' 
itates ad pJagas op-. 
itra crura, reliquae 

; Afymptoton d^.^ ja- 
s ejus partes, prout 

CvoU. %. Si defit termlnus ey, extremitate» 
un£ Afymptoton in eandem plagam extenfx 
jacent intra crura, reliqus extra. 

CeroU.^. SiEerminuscarfitnegativusi Figura 
habet duo tantum crura ad ordinata; prima: eaf- 
dem vel contrarias partes jacentia, prout abeit 
vel g,delt terminus ey. 

Emme- 

nyn,-.^hyG00gte 



^ameratiq SpecieruTH €vrv0 quam 4l^at aquatio 
xy»_ey=ac+d. 

SpeciitlXl''' F^-6K 
Si sequationis «'+(/;t+J«=:o, radicea fint 
reaks) es neceflario habebent eadem figna, 2c 
eruot inaBquales : atque Figura conftabic ex 
tribus Hyperbolis, Infcript^ ad 4, Ambigen4 
ad ^t cam tertiS intrd Afymf^totos parallelas: 
Quse eft Species fexagefima prima. 

^»LXlI,LXni. Fi£.6%,ii. 
Si xquationis illius radices fint imaginaria;, 
habsbitur Anguinea intra Afymptotos parai- 
lelaS} cum duabus Infcriptis : fi Angainea tran- 
fitpercencrum (y^.tf},) Species eft fexageiinu 
lecundaj fi non- tranfeat percentrum {/^,62.) 
Species eft iexagefima tercta. 

^«wLXIV- /%.<S4 
Si defk terniinm^, Figura conftat esHy- 
perboi^ iatra Aiymptoios pBraUelafi,~cain dua- 
bas Iqicriptis : Qwb eft Species ie^cageitma 
«q^tana. 

- ^des IXVytXyt Fig.4St^i»' '\ 
Si squationis x)^-^ey^cx-\-J, terminiis ex 
fit negati vus ; Figora conftat ^ Angttinei |ni ta, : 
fi Angumea illa tranlit pei ceocrum, Spictes eft 
(ezagefima quinta j at fi Roa tranfic per cen- 
trum, Species eft fexagefiroa fexta. * 

P a S^- 
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Si defit temimns «y, sqaatio xf = — cx+J, 
defignat Codchoidem puram : Qu£e eft Species 
fexagetvna ieptima. 

PROP. XIX. THEOR. 

_ JSguatia xy' — ey =**.*+ </ de^U Fiffiram 
Bobentem quatuor erura. 

'Idt Fii.6%. nbi JB=Xy B€ =y, inve- 

nietur y= "~ — r — ~ > id eft per methodum 

e d 
(erierum, ^ = — +— -J- &c. Uode Ordinata 

prima AG eft Afymptotos habens duo crura ad- 
jacentia. Augeatur jam x perpetuo, & j non 
evadet impombilis; quare curva habec alia 
duo crura : quod fi matetur fignum ipfius x. 
evadet y tandem imaginaria ; adeoque curva ad 
illas pl^as in infinitum non pergic. Qjiottiam 
vero augendo x, y perpetuo diminuitur, patet 
AbfcilTam efle afteram Afymptoton habentem 
duo crura ad diverfas ejas partes jacentia, in 
plagam eandem protenfa. Q^E. D. 

C9T0U. Abfcina non fecat curvam ; nam (per 
CeroU,/^. Prob. \.) tria interfei^onis ^jxo&a 
abeunt in infinitum. 



LiiUfTertiiOrdittU 'Sevtqiuimhje, -117 
SpecieslXyUl, fi^g.vg. 

Si adfit termuius ty, Figui-a.conftacex dga- 
bus Hyp^rbolis, Infcripta & Abigeo^: Q^eft 
Species lexageluna odtava. 

^«/LXIX. Fig.69. 
At fi defic tertninus ^, Figura conftat ex dna- 
bas Infcriptis in angufis Aiymptoton deinceps 
jacentibus : Qase eft Species fexagefima nona. 

PROP. XX. THEOR. 

^mOio xy = ax' + ^*' + cx + d defiznai Figu- 
ram bakeatem dm crura Hyperbolica ad Ordtna- 
tMapriiaamjacentia, & (Uu Parabolica gaapro 
^fymptoto habent Parabalam Conicam. 

QlT AbTcifla AB = Xy OrdinaU BC=y. 

Eft>'=«*'+**+f + -j fitxinfinitepar- 

va, &eritj'=-, igiturCperCflrotf.2,?rop.itf.) 

Ordinata prima habet duo crura ad divpHas ejus 
:{iartes Jacentia, & in plagas oppofitas progre- 
dientia. Augeatur jam x tam verfus dextram 
quam finiftram in infinitum, 2c vator ipfius y 
lempererit affirmativus, & etiam fine liraitein- 
creicet. Sumatur. .B£=a«^+*«+<;, eritquc 
tper ?ro/i. d.) locus omnium £ Afymptotos 
curvx, QU£ qoideni eft Paraboia Conica. 
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CaroB. i. Haec Figara nun^aAiii decollacejas 
Afymptoton AG. Nam tria interfedlions pan- 
Aa abeunt in infinitum, Adeoqae cjnira Hy- 
perbolica Sc Parabolica ad eafdem partes redte 



m 


J 




r 


l. o^ 


i 


/' / 


a_ 


---S 


f" 


Y 





jjK? jacentia fempec copulantnr : Et prpiode 
hujus Figuras Species tantam eft unica, qu£ eft 
feptuagefima. 

Otrm. 2. Parabola Conica nanquam decuflat 
hanccarvam; (ecetenim, fifieripofBt, &eric 
EC^Oy adeoque.etiam 4=0^ quod fieri ne- 
quit. 

, €aroU.'i. Sit jiD — ~-~, ordinaU UF ^ 



^c-hb 



Vertice F, Diametro DF, & latere re- 



Ap -defcriptaFaraboIaeftArymptotoscurv»» 



PROR 



^uatio yy = ax' + bx» -f cx -|- «/ dtjt^j^am 
babentem duo crupa ParaboHca in eppofitasplagiu 
tmmti». Vidt6g»70. : 

AUgeacur x in infiaitum,. H BamA »^|e^ 
bumurordiiiatxj' duo valores hincinde 
xquales, erge catva.tubet duo crura infinita. 
Ac fi mutetur fignum AbfciOb, terminus i-r' 
ev^id^ Mgativiu I dc proiixfe dicar certos lime^ 
idfira^dmGiriiiifiaaplagHnanpeigic Redu- 
aiadoyln iecidm patdnt cnm eSe Parabolica.' 

Enmiferatio Specierum curva quam de^iat aqttati& 

-Wi=:sn5-(-fax*4-t:X-|-d. : ■" ' - ' 

h/ jOi;, . : ,..-.. ' ■ ).:■■ ■■ •; 

SpecietljKKl.'- Fi^.^Ojyn. ■ -i 

^ Si^aequationis ««'-f^^*-f-f.«'+<^oradicesom- 
nB J^t reafes & in^qnales, P^rabbla habeC^ 
OValem ad TOfticcm: Quae eft Spedes fcptua-" 
gfefiiha^prjma. ' 

Speciet LXXII, LXXIU. Fig. 7 3 , 74- 
Si railices dmt sqiteotar, Figura vel ^rodie 
Npdata iM-'^' ) ^"^ ^^ Species reptuagefimji 
i^dindai verPufidtata (fg.74-) qt)£ cft Speciff 

f^tuagefima tertia. 

, : ^«wLXXIV. fig^7T. / 

: Si tre$ radices squentur, Figuraeric Cufprt»' 
dftta>: quB e£t Speci9sJ^Kuagefiaia qaarta.* 

EfiqtlF 
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Efigae hae F^itra jSfymptotot Paraioianm qutm 
i^fhtf «^iutrw yy— ax>-|-bsx-{-cx-(-d. . 

Species LXXV- F%. 73, 74- 
Si ndices dQ£ finc impoffibiles, Figura erit 
pora Campanifonnisy Speciem confticueiu fe- 
peaagefimam quintam. 

^V/LXXVI. Ftg.77. 

lo quarto cafu sqnatio crat /=*i?-f-far» 
rjr+i/:'qus (pec PrA^.S.) defignat Fignram 
babencem crura concraria, qux Ct^a Par^x>U 
dici fblet. Et fic Species omnino fiinc ieptoar< 
ginta fex. . 

Linex: tertii ordinis inter fe form^ haud pa- 
ramdifferunt, fcilicet uc Elliplis k circulo, vel 
Hyperbold squilatera 4 reliquis. 

Sed & aliquando vercices Figurarum qnas 
concavas defcripfimus, formam Cufpidia in- 
duunt : at Cufpides iftiufinodi non corapbnun- 
turexNodis hifiQite parvis^' nec unquam pro- 
deunt admodum acuci. 

Determinatio Locorum Geonutrieorum. 

POftqaam Species omnes Linehram alicujus 
'ordinis eiiumerantur, convenit ut dig- 
nofcatur Species quam conftituit Linea particu- 
laris £equatione qu^libet propofit^ denotata. 
Innumers enim xquaciones, quoad fbrmam 
multum inter (e difcrepantes, eandem Lineam 
^ dcfig- 

n,gn,-PrihyGt)t)'^le 



i,iiiM.f«rftt9R&n'i NiufoiriAHJt lu 
«kfigiUK poflant. LiaeB qoc aanniBt ia 
infinituiii ex Afymptotis fiua optime datsnni- 
naatut i Otales tod et piametrib 

tio univafidis aij Coni le^tiones. Haxacquatio 
(per Pr^ loi) &c~illiinfe conTertetur in hane 




)y^= M + B*+C. £t Figuta erit Hrp«lx>Ia, 
Farabob ant EUipfii prout termiaos Jaf' 3&. 
matiTclseft, irallus ant negatiTus. 
In.ftiino cafu qoando, Figura eit Hyperbola^ 
■ S 
fumendo AblcifTam noTam =*+7j ^Bquatio 

indaethancforniam;fr=/*'+^- SitjamCT 
Q. AB. 
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Ab&i&-=», Ordinau ^D=yi & erit prid- 
dpium AbfciffiB rcentram Hyperbola:. Sume 
in ordiDat^BDi BE, &fainc inde Ecqnales x, 
& (perPrep. 6. ) ehint CE^ Ce diue Alfymptoti : 
■^acztnt.CHN biiecans Bngulam Afymptocon, 
& erit £2Vaxis. Sit £/vertex Figorac, HGFot- 
dinatim applicata ad Diametram CB^ tranfiens 
per verticem. Concipiatur jam ordinata Dd 
motu parallelo ferri donec cum ordinatd FH 
coeat i di in illo ca(ii erit dN~ o, adeoque BD 
= BN. Ob datos triauguli CBN anguloS} da- 
tur ratio CB ad BNj vel x ad BN* Sit ergo 

X : BN: :C:D, St. ctit 5N= ^j eft vero 2>Z) 

=^ = VAi^-fB. Pooe ergo (5/?=) ^/^»+A= 

— , » invenies x—CG^C"/^—^: fiter- 

go CG:GH::C: D : & erit iif vertex, atque 
inde fi erigatur normalis Hi^ Afymptoton (e- 
cans in ^i erunt f H, /f ^ femi-axes conjagati. 
Datis vero CHy HK^ femi-axibus conjugatis fa- 
cile defcribitur Hyperbola. Qi E- F. 

Si Figura eft Parabola, £quacioerit^=^ 
-\-By vel fumeodo principium Abici^ in cur- 
,<tra, ^-^Jx, Sic Abfcifla AB—x^ ordinata 
BCya.Bc=y. Per ^ducv<£.A/pecpendicQla- 
rem ad AbfciJlam : fecat eacurvam in Lj ordi- 
nitain.verorr in M.:Sit Z.Z>iV^ ordioata Ab- 
(cifTam in N fecans. Moveatur ordinaca BC 
motu parallelo donec coincidat cum LDKj, 2( ia 
JUo^^cirfiicnEAif — o, ^oxQiaidi£BM=iBC=:y. 

]<■■■- do- 



ogk 



UK»T<rtii0rdlMir NeotohiahjiT i>] 
Ob datos triaoeuli ASM aogulos datnr ratio 
ja id BM,' veF« ad BU; fit igitor x : BM : : 



;Ojr 



ip* 



C:D,&a:itBM=-^. Pone efgo v =>= 




^jix, & inTenies « = -^ = ^N i iafai ergo 

^N, fic etiam dabitiir ^#i[Z< qaa;«ft'ad AN ut 
DidC. Datur ergo pan&nm £, Sc reda >A^ 
tam magnitodine quam poGtione, Bifeca M. 
io £& fit HED normalis ad mediuDi ejui pun- 
dum £, 2c erit HE aiis. Sit Vertex H, HGF 
ordinata ad' Diamecrum AB tranfiens per H, 
& in illo at&imty=GH, eft nro GH dau 

ffW 
quastitts: & erit« = — ^ss^.Dalarergq 

Sandura G ) per quod ponAum fi dacatnr or- 
inau CHaequalis data: redx O^ .d^itur 
Tertex M, it re&a HE; cft Tcto latus reauja 
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principale aqiule ^, qit^ exinde -^il^nitt 

Datis jito «e H£,,ve(dce Htl Utcrp rftfta 

^ deicribi poteft Farabob. <i_E. F. 

Si Figunt'fit Ellipfis, aequatio erit ^y = —^ 
J^rBx-^-C, que in hanc reducitur yy = B —Ae\ 
Sit AbrciHii CB =x, Ordinata BD vci Bii=y. 
^ritque principium Abfcilis centrum Figura:. 




■ . ' ■ I ; ■* ■ ,^ 
Secet curvam in t, & 'nK'Ct=eV-'r cefttFo |f 

ndis£tdelfaribe ekculum Z.£ EUipfin feolute 
tem ia Sr fitqne.^^driliiutai 23* iperpca' 
dicuiaris in Abfciilaini fic dabitur ipecie trian- 
gttlulnti\#£. Sit «gp i«E< B>: if i O, id tlk 

y: EP: i''c-. »i nnde «}»= ??, ?^= f 

c;. ■ ■■■.■' y ■ • - J^ 

xv'C»— 2®; eft veto per naturart cdrve CM 



fV^^.t «deoq«».«ou fP=^ iic'~m>- 

^yii "F i Acft Cfsr^^ideoqnesEqiucio 

ej?=C7'-+p!E- dabit j vel £iS^;.,& iBdc in-. 
yeniewt iSW Abfcil& cotrefpondeBS ; atqua 
adeo djtur puQ&um i^ &petcpaleqnensre<U 
GE ppfitione. Ducre^as iji <W hifeapcni 
angalos ACE, ECt i 8: hi enint aites, qid iUtqu^ 
pofitiDQe dantur. Eoram rero magnicudo fic^ 
determinantar ; 'Oc^rrat orditiaca BD axi in^ 
i(?' 8t dBCacor HGR i Ob daCto ^ccie «rian- 
gnfafti fGi?j daftif'*!ftio CG aiOfi, fit ergo 

CU: GHnl CB : BN: : C : D,8t erit BN<!^^: 

Sed cum ordinaca jlO coincidit cum G/f,teva- 

dit .fi^ffiqualis GH—y = 77 i in xquatione 

{ubfticuendo illum ipfius valorem, erit ~^ — 

B—Ax^, unde »=rO=C^g77-^,! adeo- 

que dabitur -ordinaca GHj 8c pun^um H, at- 
que inde dabitur CH magnitudinC' Et eodem - 
tnodo invenire licet axem minorem. 

H£C cria Froblemata Ibluca dare malui e% 
nud^ nacurS cquacionum curvas definiencium i 
quam per qnafijaai j^dlmi Pcopcdciona more 
v«ttciua Geonettarum : H6c modp eiHni me* 
]ins.innoCelcit analogia incer Loca iccundi or- 
dinis Sr Loca tertii dc liiperiorum ocdinun^ 

Pro- 

n,gli-.prihyGt)0^lc 



ttf ZMwT«r/M0riuu/NKuToNXAHju 

Froprietates Se<3;ionum Conicaram k Geome- 
nii Da£teiiU3 traditx fufficiunt ad decerminantb 
Loca qua: ittciduot in Sediiones Coni : Con- 
fimiles vero Linearum fuperiorum ordinnin 
proprietates tradicas nondam habemas, C^ 
ntiooe vero inveoire licet quam Speciem con- 
fticoit Linea certii ordinis a^quatione quilibet 
de^nata, ex Fropofitione decim^ qaint^ con- 
ftare poteft : qooa per leqaentia plenius adhac 
conftatnt. 

E^femplion Primam. 

OForteat invenire c]aam.{peciem confti' 
tuit LiBea9cqaatione/^+;v^=«*.dcfig- 
aata. ubi ordinatJB infiftunc abfcils^ ad angulos 
redoc' 




Motetor fignam Ab&ifiie & «quatio eradet 
/»=*'+*» i Ctinde (per TheorcmaNMittw) 

jr=*-1^^4-&c SitAbfcifla-fl»,ducrcaaiii 



dC 
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iMMTertH Ordims Neutoitiana 127 
^rperinitiam Abfciflx, qux cam Abfcifid an- 
galam iemtreAum continea^ flt {perPr0p,6.) 
erit jiC Afymptotos. £t ^uoniam unica tan- 
tum iftiufmodi feries obtineri poteft, carra 
habet nifi duo cnira infinita ad eandem Afym- 
toton jacentia, & ( per CoreB. a. Prap. 6. ) hjEC 
crura jacent ad eafdem Aiymptoti partes; 2c 
inde (per^ofl^?- Pr»p.i6.) curva babet dia^ 
metrum ad ordinatas duarum dimenfionam. 
Sit E pun^m quodlibet in cnrvS, Ordinata 
£D=y, Abfciffa JD = Xi Ordinata nova A- 
iymptoto parallela /£= v, Abfciffa correfpon- 
dens j1F= z ; erit /==Ws, x=vVi~z. In xqua- 
tione>'= *'-!-'''» hofce valores fubftitue, & 
proventet hfWl^ivWi — Jaw* + i«Wi — a' 4- «*. 
vel 3«»'— rfzW^^"'— «'• Unde(perPr«^.io.j 
«V^eft ordinata Linex bifecantts ordinatas v 
ad curvam terminatas : Duc igitur reCtam AG 
per principium Abrciffs ArymptotoA fecaoton 
ad redos angulos} & illa eric re^a bifecam 
ordimtas. Occurrat ea ordinatae EFmGi Sc 
fic Abfciffa nova ^=^, ordinata Correfpon- 
dens£G=7. EritK=*v'2,v=^+*; inxqua- 
tione jsv* — 6aWi=M'—- 2*' hofce valores 
pro i^ v fubfticue, 2c oriecur ^xf^z=z<e—jfi^it 
vel ponendp " = cV2> ixjW^ = ^cVi — Jt Vi, 
& dividendo perVa, !*>■* = 4c'~,r': Cumqae 
aDqoatio hsc fic ejafdcm fbrms cum hk «f—ey 
= «^»+^x'+f*4-«'> ubi deeft ■ terminus «y, & • 
ax^ eft negacivus, & praecerea xquationis «i-t^* 
• +i*'+fjr+d' radicesduae fiint impofijbi[e% Fi- 
gura conftituic Speciem quinquagefimam n^ 
!.nain. Q.E.I. 

Extm- 



xi8 LinettTertiiOrdimt^HivrortiAHJU 
^aapbm ^ectuulta». 

OPorteat taveaice quaoi fpecicoi cannituit Linea 
xquatione 7' — 2*/* -|- *y — «' z=: o deliguata. 
ubi ordinatx infiftunt ablciCIx ad angulos re£los: ha- 
ius njuationis tre^ radices feu valbrcs iplius y redufl» 
in ferieseocitiuscoH- 
■^' ^ Tcrgentes qpo awjor 
eft aUciila ;ir (bat 




Sil Abfciffi^5=e;*^ 
Ordinata cefbmgnbi 
Bc Cy : in ilU ordiData fit ^ = rf^, jonge ^ & 
/per TVe^. 6.) erit illa Afyroptotos, quK pro dqibus A- 
fympiotos coeuntibns haoenda eHi fii^uideiD duo ier< 
tnini priorum ierieram coincidunt: Unde hxc Linea 
vel conflitBic fpeciem fcxagentnam odavam vel fexa- 
f efimam nonam, nani hx duK f^cies folx funt Linea- 
Ttini tertti ordinis qux habeai Afympioios duas coinci- 

dcntes. Series tcriia — + -r + — r 4* &c. indicat 

Abfciflam etle Afymptotoa habeMem dao crura ad Cf- 
po&ias plagas piotenla &ad eafdeo.ejus partes jaceif- 

■tia, qnoniam muundo fignum abfciOx terminus — ma- 

net aSrmativus. Et quodiam in extremitate Afjrniptoti 
./i7> ad didantiam innnitam fit^ jacet pun^tim curvx 
dtiplex ; Afympiotos iila habet crura fua ad divcrlas ejus 
partes jaccntia, & in plagaseafdeni protetifa. Unde fa- • 
'cile«vi({rre eft hanc curvam cbnltituere Speciem fexa- 
-^nmam non^m : H&betque Afyinptoton j^ pro Dia> 
metro ad ordinaias dnarum dimenUoilUm, 4HC parafle- 
Le &int Afymf ,6to ^R Q;E.I. /»- 



r>i 



BnentioLinea cekrrimi defcenfiisin 
quacuttqiK bf/pothitfi ff-avifatif. ■ 

P ROBLEM A. 

bvemn Imeaa edirrim iefientit, tiuS bg 
' vit Cmtrifef0. . ' 

\m,. 4PFH linca mcGlL 
corpm odcK ddet, %S^ 
R ijiuiwiie liii» ai}2V nin^ 
: CmsaCh i^ CB,C3>, 
tfP, ^u^ufs hic <cat CS 



(uaD ciayc) & CE in 7, S(. Rfpeatrc : lllHven 

nOai C2),C£ \ali,S; aiem tcio in 0. . 

*A Sit 
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Sit MLKG linet cujus Ordinatx iV>^ OE, TK^ 
fG^ infiflentes Abfcifs^ GN normaliEer proportioniiles 
fuat vi ceotripetx in pimais N,0, ?*, F, refpetSlivfe. 
Cadat jam Corpus i pua^o N, rerstis centrum vi , 
icdi c£fltripet& agiu^ioi, & ( pcr Pfo^.jp. Lib. i. 
Princip.- J^evttoni ] «ius.velocitas inpnnfto quovisO 
eritwarea M)LMm\xi quadratum. V '^ 

Jaceaut piin£U ^, N in circ[imferenti& Circnli cu- 
jusceniruiDC, & velocitafes-corporum incurvA jlB 
&rcdta jYCnlotorum inomnibus xquatibus i centro 
Cdi%nt|isetuDtx<)uales. Nam (per.Prop^o. Lib.,1. 
i\^n>iwi) fi ebriim' velocitatcs ih alitjua" icquali.alti^ 
tudine finc aequales,' in omni ^quali alutudine xquales 
enint : at corporum jfloruni velocitates in pun^lis A, 
jy^. erant xquales, qUippe^^uIlsc; ergo & in omnibus 
diftantiis ' xqaalibus 's^qualcs erunt. ' Igitur velocitas 
corporis in cucva..^2f./^ipoti,'per Arex curvi lineat 
JHLG latus quadratum ^te*^^ ieprefentabitar: fcilicet 
velbcitas in .^ eft ut ^M)LM, ^elocitas iti 2> eft ut 
^NTKM. ,. . 

Supponamus jam tria pun^ C ^i E ^^*^ <^3ta, & 
opporteat invenire Z>, ex cujus invcntione dabitur re- 
latio quam habet HR ad RBt & exinde determinabi- 
-tur curva. Dantur igitur C£, CB. Fluat CE nnifbr- 
miter, id eft, fit £SJ== Z>iP, atque erit CO media A- 
rithmetica inter Datas CB & C£, & proinde dabiiur. 
Ex dacis vero CS, C2>, id dkCO, CT^ dantur arez 
NOLM, NPKM\ adeoque dantur Telociiatcs cor- 
poris ad pun6ta B, 7H. Vclocitaii qua pcrcurritur BD 
ea eft quam corpus habuit in S; & Tempus quo ea- 
dcm pcrcurritur eft dire£le ut Longitudo & reciproce 

ut Celeritas, hoc cft ut -—„-;— . Similiter Tem-, 
VNOLM 

P"^t^ percurritor 2>E cft ut 'rThp^'^ * '°^ 
Tempus 



BD . 
Tempi» qoo peronrritar BE ell m y^yp^^ T- 

•j^^fjjr fed quia iHnpas qnptpu cotva percorri- 

jur fupppnituf brevillHnaiD, erit tempul per qiianilibet 
ejus partem ctiam brevilltiauia. Et proinde fluxio 
qaantiutishuic tempori proportionalis xqua)il oibiL 
Hifce pnemiins, Gt CZ) = Cy' = *, SP* = yO =x, 

BS=/,Mi%==z, erit AB^V^^+y. Z>£ = 
Vi» + »": hifce valoriboipro BD,VE fubnitatis, 

'portionalis , adeoque ejus fluxio = o , hoc eft , 

__>i_ + __?.; = ovnam 

■Jx^A-f^limi-M •/f+z'-INTKM 
X & mx'M)LM, iVPAiK.Oini qaanutates npn 
fluentes. dt tiata' tria pun£la'C, iff, £; datur 5^ 
{normalis l.wrtice Trianguli CSE lo baCn .-CE De- 
' milfi) =a?+«^=i*+J>Sj=> + «. adcoque 
jf-i-zcR data qtiantitas, & ejus ffoxio/+«=o, 

___ >/ j 

vel jo = — j.. -In >qiutione -. — : — ^...- 

. V»-+y^^OLM 

_ii , /-'^ ■•'--v;.- 

pro z ponc cjus vattirtHi 
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. [♦] 

-t- / & dtride aeqaitioiiptii per / «goe tnt 

__*_ >_ __ 

~r~. — : ■ ~ -T- — : . ~- Cuni- 

qtK Iwc QAivcf^iief inoaiiiibn turne ^ttStis 6bti* 

ncM^ ptttiafli -z=-s^ dawb i|«aiia> 

wOfKl -==^ — —^- 3= -7 r ubi ^ eft^ 

^uaitiB!) &jl'ji = <l,'.>r'fj NOlMv quz »- 
9i«ii> damiiiu ajrram. <tE.ii 

C6rii« I. Bft ^ = iWeJ». nam cui «aa Cff 
vel X coiocidit com C^ ea ell normalis in curvam & 
ar=:o, aqae ana AOZJ/^ eVadit = aK* ilfBlt. 
Iniqoalione ifsiua Ajr— •! 'if <\-f ■/ NOLM e- 
vanefcati& Si MLjk=NFeM, aiqoe erit 

4} =i^/-VNmir, »<», A'r =Ji vnfsm^ 

diyide»d() per>, ^vi^^JiHSM (^Si.V-. ; . . 

OreXi»,£2iiS/tat v^loQias niaxtma guam coipus^ 
in motu per curvam jiF ac^uirit ad ejui velocitatem 

inpunaoJ! iiim c!tiHy»m'^ >f'+)HV NOLM, 

vel VNfSMxJr = V A^+Z' ViVDi4f,ideoq; BSi 
im4i:WJiFGMsy(M}Li(; hoc eft, « vetociiaa 
m«)!&SHi.i velociutera in pan&<) S.-' • V . ' 
■«- ' ' 0™« 



D,gn.-prihyGpOt^lf 



in 

CtroILi. S/l'.SD::VN0LM:VFOlS, 
GinS*4* Si Bntjtffff.paaQi cDi^x ahif&mi^ 't^ 
diiaiQtur Cjtf CHy Iw tangnt cdtvim ia pmi£lii 

' CiraS.j. ^;tnirin iuiUal^pottie(ignrvitatisR«Ai 
lioca dft via caerrini defeenfas ; practenjoaiD tilH cor- 
pta ddoeDdaH dircAe icndit ad ccntruu. 
. CcnM.^ Sit^IongitudiaiscurarTii, ^Bt\T0 
X : ylFOLS: VJfRiLM: fit vcm JV in rff normalis 
mv^BWj & illa 'Piilget curvaA Ib pax£to B. Kaa 
Z)S:BIi:VFOUS.VNOLM, V%9 2>S:B£:: 
BT:T(/', & proiikle i^C/^ tangit cutvam ad paii- 
auniR Q,E.D, 

Pro[Hieta(es hucufque traditx funt gcnerales, Linoc 
celcrrimi defcemAs in omni hypotbeU gravitatis nni- 
vcrfaliter compM^tca.. JMieumifm jam ad cafus 
particulares. 

-£xMitiItM tvrwuM, 

A N H 




|} Up[UiUmi» viffl ceiitripetam ede utti£ 
? agcre iii^nllclis; qaein cafii pui^tgri 
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infiBituai, cadAcDdlu» CF, rz>, CB parallclii. Peri- 
^tt\x^N, SO, 7yp & curva MG migraat. in 
redas, & area NOLM xn redapguluffli.atque area 
NOLM ad aream NFGM ut NO ad NF. & iiute 
Bl>: BR : : •^NF: '^INO. Supra diamctrum jVF de: 
fcribe circulum NXF recantem ' ordiaaiam ^ in X^ 
junge NX, FX, & SC/Ht uogensad B- Propter B- 
miliaTriangula NXF,NXO, FXO: NFiNX^iNX 
: AO. ergo »^iW: VNO : : ^/': JVX & NF: NX: : 
/X: : XO. utide Z>.ff: BR .: FX: XO. duc tatwcn- 
icm .«7, & txixB^D: BRv.BU: SO, adeoqne :ffi/: 
BO::XF: XQ. ergo ungens \ff£/^ lemper parallela 
elt Cbordx ^F qux efi notifliina proprietatf CycloJdik 
vulgaris. 

Exmplum Jecundum, 




SI T vis cetttripeta ut diflaatia k cenirOj & ctirva 
MLG, migrabii in re&m tranfeuntem pcr ceih* 
trum C fint anguli KCN, hCNkmte^i. BR:Z>R:: 
VNOLM-VFOUS. fam lii CF=:a^ CO=x» 
CN==r, &erit atea iTOi,.^=ir"— l;r% FOLG 



=^^^S*^«', onde jf :/::y.»* — »»^r*- 



■X'. Dfi- 
fcribstur 
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fcribatar HyperboI« FTr^ veitice F & Aflymtotia 
C^, Ck. OccurraiOZfHypertwIae itiT', &circulo in 

^; atque crit per bujus Hyperbolse fitcirculiiiaturaai 

0T= V*" — 4% 0^5= Vi^^^. ergo 7>R:BR;: 
OTiOS^ 

Hujus Qtrva ReBipcatioy per quitdrat. Hyperh. 

Patet BD:7)R::FS:0T. hoc eft, incFeaKatutn 
curvx ad iacrementutn Axis OT ut dau re^a FS ad 
Hyperbolz ordinatam rcrpe^tivam OT Erit igitur 
componeodo, ut omnes B2) ad omacs 07 ita toudeni 
/iS' ad totidem ordinaias Hyperbolic. Hoc eft ut cur* 
va AF ad axem ejus NF, ita reiftaagulum NFS" 
ad arcam Hyperbolicam NFTr. Etcnim area illa 
NFTr eft fumma ordinatariim OT 

Erit etiam ut ^B ad M) iu Nr k 0/^ad aream 
O^. 

Hujui Cnrv/^ Stgadrafura per fuaj. H^p. ^ Cirv. ■ 

Fhixio areat, fcit. '^iriangulum Cs2)ii=lCB>cBR 

~lXK^=ixif/p^^. ViA.CB^iixx:: 

VFr-^' • Vx'~*a% Eft yero CB'/> fluxio arex CFBj 
ti^xXi fluxio quantitatis ix*, ergo utaria CFBid 
Ixx ita omnes V'* — ** ad omnes v'^ — 4'; hoc 
.«ftC7=>9;J*jr::area/6^5; aream/bT: Coinci- 
datjam C^.curo C/^ & evancfcet.' area CFB, at eva- 
dia S -* * = ! C/^ = i « tf. Igitur Itatim apparct J *.«• 
fiueiHem quantitati» | .vjrminui debere qitaatiute 
-4««, & proiade erit vere CFB: ixx — iaa:: 
FO^S: FOT. '• ■— ^*"^-'-- 'xjr^X!^' 
ATOJr. aique area lota C/^-*; \ rr— 1 4* : i^SF.Xf^. 
Exettt' 




IT, Yi< oniriceu teciprooe iitqwdatiim dilkuiuz 



mmqDa&Udi t^oioi fOijS= > J!&^ 

= ^ ——;&UicSS-:XV:: — -~:--i 

* r X r t X 

:|/»:ji!'f vel» ^a«iiilcincfl,.x* :f ::rx—r»:rM—tx, 
it'x:ji:^rx—.r*:-i/ra—*x. Igitor Utere nSo r, 
VK FN, vehkt Ficfbnhe Piiaholun FS; ium k- 
tcK re^ t uie NFj Tcnice ^ dcbxhc Fuiboi» 
.KSj occurnt ordioua OL E^rafaolii hiicc ja ^, .^; 

&aJiix:jiyiiZ>Jl:S£::0S:OSt, IfmtaOS^: 

V'»' — M, & OSl= ■fit—a. 

Ihjiu 
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Qaoaum **:/■:: r*"—r«: r«"— «*, erit jr* -ty : 

*• : : rx—ax : rx—ra ■, . & inde y *'+/ = ^ : : Vr*— *r 
: yrx—r4i::£2):7>S, hpc el^ ut fluxio curvsc aa 
fluxiAidin^Abfciffit: & (^pdWdo» efh €it AitatDa 

«Biai tntt' }/x*+^ ad biriiHS jp,ita 'aftiiia 'jric^<& ifSlctJt 

:x--4t Vrx—r» { ram x •/rii^ax fluens fluxionis 
X yfJH-^ mmaendit eft-quaniitjtfe < Vw"*»*;*,) .,; 
Curva haK perf^iquadrabilis eft, oamjr:/:: 
i^,»i-rf«;V<rtifr^,<ry>it*:<^X!t>iVry-^^<i Viw»^.t ; 
hoc eft, *'*:,2CJ& Vel ■{jrJir^:pi?Z>: ; V?^,: 
^rA—ajt. £t fumetido, fbmmai omniam, erit 1x4* : 

CFS';''X-~ra VfK^-rs 1 ]»y/fArrTMi r- rtTT* Vo»VMr- 
Et erit tota area CFyf ;(«aiq(Sreh^ l¥S»i?/^i'C4! ft 

curva ^Z*) ad J CiV» at VCN*~CN')^ ad 
VCiVxCi^- £•/■». 

Hx funt tres inGgniores Hypothefes Gravitatis, 
ctenim fi praxin fpe^mus, tuto lupponi potell unifor- 
mis, & i^ere in paralklis, at in rlgore geometrJco, 
hypotbefe! doK luiioKe in rerum natura Tocum vere 
babent. Nam in terrx caverois gravitas cft ot difUn- 
tix corporis i centro Terne,-& in Turrium vel mon- 
t(UQi cqcuminibos ea efl reciproce in duplicau ratione 
Aftutti»* ot conflat ex prtncipiis Ntvot^ ' 
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vis Centripelte. 

\0-- ■.', ;;-■■ ,:' — •■■•^ • r.l --;.■. . '■-■ f.--"-r: ' J 

. ^Squatio defioieiu curvam * AFH ( fi^ i. ) eft 
«rii* « = "^^i^^WOij^.iiiljtii 'sj^iatiolii 

..,.:.. .^*/-,.. ,,)_.,. ^v.^'-'.: 

apialMt floiicS a erit «i i»^^^ ia ij >TO2iif i 

-■■.■2^'''' _ ■'■■'' ■A^Mr>''' _;2'' 1 '■ 'l 

iPO«Z,0~=i!vK0;!i- U«le.divideiili«>»ir)lito- 
biiiii tfrdiiMam 0Z=^^^^vel 0Z= £^ ; 

ex ^it^''i^'0idiiMta>O£,'^ Abicilfia)''ar{ttitiiieAte, 
dabifurciirvK^/^A^ C^Ei-L 



' '<-!-/ .". -'.'.,,■,, ...Ailitdu 

j^tm i^, . . 1.,.. .,.,,...-.. . ( 
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Methodus dtfponendi quotcmque 
Spharas in Fornicem. Et inde 
"Demonjlratur Troprietas praci- 
pua Curva Catenaria. 

PROBLEMA. 

DaUu gu^amque ^hm-M aquaks in Fimicmita 
i&j^onerg utff^avitate fadji mttue Jiifiiruattt* 

SPfaxrx altiflimx centrum fit ^jduaram vero hujp 
conuguarum centra flnt^^^ Diic 2?C iecan- 
teni ^ff in C ipG Ah parallelam : fintgue 
radii jfDtBG Horizonti perpendiculares. Jung^e 2X? 
& in ea produ^ ^\.GF^AC'' ducatur BFvn qua 
Gt BE=^BA\ atque erit £ceiitrum fphzrae proxto)^. 
Sit ' radiils £^ ad horizoatem perpendicularis,junge 
GRy & in ca produfta lit RK— BF\ ducatur EK 
in qua lit EH=EB\ atque erit //centrum proxinHe 
SptucraF. Sit Radius HL ad horizontem perpendicularis, 
junge RL & in ea produ^ia Gt Z^= /r£. ducatur 
HM^ ioqua Gt HM= HE, atoue erit .iff oentrqm 
proximx. Et Gc proceditur ia innnitum. Q^ E. I. 



' B 2. 
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'J)emonJir»t«>. 
Ooiiics hx Spbxix triplici- poteiuia nr|^ntur : & 
confUt ex Jf&cianicMf i]uoa tres poteotiz in Kquiltbrio 
coQfiltentcs eam ad.ie iariceiq rationem tiabent, qtjam 



tres re^ potentiaram direAioaibus refpeflive parallclz 
&^cl rj^a.-ua i interli^twnes mutuas terminatst. Sphzra 
^7}t utguSt gravitate ab ^ verfus 2> tendente, & 



a^one 



AdeoqiK fl 
{Untnij ' . 

Sfhkn''/i 
fiattuni. > 

|raviati8 
Sph«nuni 
di» fuftin 
SfAucni fa 
proxime fi 
Rrluta. P 

dere qoaai 
fiattutp, V 



Ti^orfffM. 



Siat M&ff ceatn duarimi Sphxnmm c om ^w»- 
lam:; 'doe H^i Md-^ imQc horiroiiti paniliolaDi iU 
hua T<To ddciD Bomaleiii, Dico ftsipei ^ ^i/ ad 
JH ot idataiqi^edui-reda ad fnmiaab] daaKUoniBi 
SpbxraruiD omaium quam fuftinet Sphsera cujus cea- 
trum M. 

A ceotrii SpbacrarDm B^ E, H, M, &e. ID radioi 
prodaaos ( fi opus eft.) AT>, £G, ER, HU &c. dc- 
mitte normales BT^ EiV, HT, MD, &c. In ea(aera 
radios fint etiam perpendiculares CS, FX, KZ, N^ 
&c. Patet ex Conftru6lione efte CS^ FX^ KZ = 
A^^adeoque eft iA^data reifla, quxqu£y|MteuIo 
B/W aflumpto ad libitam determinatur. "Ex conlVu- 
ftione 
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OrdiDatx ad incrnnentuni Abl^lHe, iu duplus Radius 
curvaturx in vertice ad longinidinem curvK inter vec- 
-tiBCfD &ioedt(UtniHtiam iBtAaeptte.: Q_£.'£L ' 
-ii $s fiiniiittT inKcnies FigDsam-Torfueik «liQunz 
Bd 'qoacuiiquer^ptotheQ graKintis, !qaaiavj»>S(dKir^ 
mim {nntxqtulea, tii e«aai£.eaeitSpluef6idB. VW. 
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P R OB L E M A. 

tnvemre Lineam qtm ad a^dot reUot Jeca^ 
omnet Myperoaias Conieas iifdem verUeibtti d 
drca eunaem axem dejcripuu,, 

SIJ reSa TGhB axia, F «iKrum & G, 2) 
vertices Hyperbolariim. ^punftum.inaxeqiuxl- 
^ibec per quod iraoGre fuppoaitUr qurva quxfiu 
>^CZ^; qnam tangat CHva. C, cui liioriiialis fit CE\ 
q^propterea taiuec Hypeibblam in Cciuz axem Eu- 
t>et It/>, veriicea G, 2) & cranfit per punaum C. Unde 
(pernaFuram Hyppfbola:) cft^^ad raficut FD 
ad FK J ■ ■ ■' ■ 

Hifce (Hxmiflis.fit Abfcifla AB — x^ Ordinau 
£C=/t.AF=^a, 2>F=^e. Eriique BF=a — X: 
quibus valoribus in pripri analogia fubftitutis, cfi: 

«~x :e:: c :EFh= St^ & BF~EF=^X- ~ 
i a—jf *~~x 

:= _n * ^ = EB. Jam m curva ^C, 

nt ordinau BC ad fi^lngeiUeai BfT, iu cft fluxio 
ordinatx ad fluxionem Abfcifla!: hoct& BC:BH:: 
(ilRrt^i^icmtarjfffifticAli^i^iHiwJ&nlf^f^iaA^ eft 

ubi fi pro BB~^BC fubllituantur imSf^^, 
viz proveatet 



Ix6f 

proTouet ~ ~ ~^ \x:\f-'x. Ergq x» 

fitam ^Cdc&iieas, . (^E.;|i v^'; 



Mtet huK ic^iMloneiii 4 Aasitxtib)» libmfl neai 



n,gn--prihyGt)0^lt' 



xie t^ l!yfi^rbotaf,tttjua OTdidata eft — -_^^X!U 

pertiaetu ad abfeitlJMi ir^ HsefcabkeoiH^vttbokA^ak^ 
I»at(» babcc JT/T') & tX^/^Z; quarum Ult i^ axl (jS^ 
□ormalis, h«e vero euiB illa coBtidct angdlos SP3^ 
r/7'r«mirc6iq6j.& jncec Hyperboli in ^tigalk illjtf 
deinceps, per Hyperbolarum vertices G, 2) traafletis. 

' Hac Hyperbola femel defcripu ; ut in Schemat^ ' 
Curvam iic conftnto. Ducatur ordinata ptiina yf^Te- 
caos Hyperbolam in ^ & occurrat ordiiiata quxvis 

..__.,.- . - fl»— £»— 2«j:4-*' 
alia iCeiaem in A; atqueerii*x 

vc\y/ fluxioarc«Hyperbo]icae.rfAZ..ff; underegre- 
diendo ad fluefltes, ctii^yr=AteKji/CLB, &/J' 

qui duo valores propcer contraria flgna ad parces Ab- 
fcifliB contrarias jacest. 

t. Paiet hanc curvam ad ^ incipere, ubi incipit 
area AL, nec ultra pua^um ji verfus H extendi. 
Kam fl area AKLB^^xo affirmativa habeatur, omab 
area alia qu« ad alias Ablciffie vel Ordinatse partes ja- 
cet erit negativa ; & area negativa, qusc latus quadra- 
tum non admittit, demonflrat ordinatse impoflU)ili* 
tatem. 

1. Ordioata maxima traiiflt per punflum Z>. Kanh 
area AKLB\ (cujus radict quadratx xqualis eft ordi- 
nata) continuo crefcit dum progreditut pun^um ^ 
ab A verfus H. pollquam vero ordinata BL ultra 
pun^um D in fltimi hl pervenit, minuenda eft area 
AK3> iicAblD, ob arearum plagas contrarias, & 



)j.uac eric hc^-^xAK^D—LhrD. 

3. £t Ordinata^r progrediendo k 2)ad^j»nti- 
liuo aiiBttitur df^iec fandem ad ^evandcit; tillic 
eJ^eate «ea affiroRCiva ^JTS) cquRli Au 
tivx §^1>. 

*C 
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4- Si fit FS=sFSijid paites contrarias fita,ordiatta 
unagiiuria erit iater pun^ ^fc S, ob najativani 
»eani pncraleaten), & ad f iterum incipiet dBc rea- 
lii. EteDim area, cujus lateri quadrato xqualis eft or- 
dinata, nunebit negativa doaec area affirmativa infi- 
niu FRNS evadet Koualis arcae nffiativx iofinitse 
F^T. 




S. Atqae inter pua^a S &G ordinata eodem mo- 
do ir^rdcet, quo prius decrevit inter pua^ 2>, SS; 
&j!?.ii&f^ndta <?, P, ulxi eit F^~FT, ordinau 
* rurfus 



n,gn,-PrihyGt)0^lt' 



5' 



[«s>3 

rnrrus continuo dccrefcet^ atque tandeni ad patiAQm 
P eTaocfcet. 

6. Ex his oimiibus conjun^im conftat LiDeani de 
lua quxrebatur, fore Curram Irrationalem quarti or- 
linis (quam fcilicet re^ in quatuor tanium pun£lis 
lecare potefl: ) conllantcm tx duabus Ovalibus xqua- 
libus, umilibus, & fimiliter pofitiS} qux habent pun- 
dum duplex in plaga Oidinatarum ad didantiam in- 
finitam. } 

Radius Curvaturx ad pun^lum ^xqualis eft jiJC 
' ordinaneHyperbobEper punSum y/tranfeuntis. Con- 
cipe enim Abrciflam AB elle infiniie parvam, & ra- 

dius curratune ad punAum A xqualis erit —jn ~ 

r* 

— : efl vero ia prima fua magnitadine//=i^^ 

X AK= a jr X AK'. crgo Radius Curvaturx ad pun- 
&iim A atqualis eft AK\ & eodem modo oAcnditar 
raditim curvaturz ad S^fore ^^ 

ff^Pw, ZAz partcs curvx dax exteriores fecant 
omnes Hyperbolas, ad angulos reflos qui axedi habent 
re^bm G2). Fartes- dux reliqux interiore^d*^^^, 
ZS^ ad angulos re^os fccant omces Ellipfcs qui 
axem habent G2>. Adeoque ejufdem curvx portioncs 
diverfx fatisfac^t problemati in EUipfi & Hyper- 
bola ; EUiplis vero cujus axis minor coincidit cum axe 
Parabolx, & centrum cum vertice, & cujus axts major 
cli ad tDinorem ut Diameter Quadrati ad Latus, fe* 
cabit omnes Parafao^ circa axcm illum eodem vertia 
deicriptas. 
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